23. Algebra of Vectors

Exercise 23.1

1. Question

Represent the following graphically:

i. a displacement of 40 km, 30° east of north
ii. a displacement of 50 km south - east

iii. a displacement of 70 km, 40° north of west.
Answer

i. a displacement of 40 km, 30° east of north

Step 1: Draw north, south, east and west as shown below:

N

>

Step 2: Plot a line P 30° east of north as shown below:

ao*

Step 3: Define scale and mark 40km on line Op

Let the scale be 10km = 1cm
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40Km

30

. OP represents the displacement of 40 km, 30° East of North

ii. a displacement of 50 km south - east

Step 1: Draw north, south, east and west as shown below:

1]

5

Step 2: As the displacement should be south - east, the angle between the displacement and east (or south)
will be 45°. Now, plot a line QP 45° east of south as shown below:

N

o

Step 3: Define scale and mark point R such that OR = 50km on lineQp. Let the scale be 10km = 1cm
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Scale

45" i
10 km

. OR represents the displacement of 50 km south - east

iii. A displacement of 70 km, 40° north of west.

Step 1: Draw north, south, east and west as shown below:

N

Step 2: Plot a line QP 40° north of west as shown below:

M

Step 3: Define scale and mark point R such that OR = 70km on linegp.Let the scale be 10km = 1cm
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Tokm 10 km

. OP represents the displacement of 70 km, 40° north of west

2. Question

Classify the following measures as scalars and vectors :
i. 15 kg

ii. 20 kg weight

iii. 45°

iv. 10 meters south - east

V. 50 m/sec?

Answer

i. 15 kg - is a scalar quantity as this involves only mass. A scalar quantity is a one - dimensional
measurement of a quantity, like temperature, or mass.

ii. 20 kg weight - is a vector quantity as it involves both magnitude and direction. Weight is a force which is
a vector and has a magnitude and direction.

iii. 459 is a scalar quantity as it involves the only magnitude. A scalar quantity is a one - dimensional
measurement of a quantity, like temperature, or mass.

iv. 10 meters south - east is a vector quantity as it involves both magnitude and direction.

v. 50 m/sec? is a scalar quantity as it involves a magnitude of acceleration. A scalar quantity is a one -
dimensional measurement of a quantity.

3. Question

Classify the following as scalars and vector quantities:
i. Time period

ii. Distance

iii. Displacement

iv. Force

v. Work

vi. Velocity

vii. Acceleration

Answer
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i. Time period - is a scalar quantity as it involves only magnitude. A scalar quantity is a one - dimensional
measurement of a quantity. Eg: 10 seconds has only magnitude, i.e., 10 and no direction.

ii. Distance - is a scalar quantity as it involves only magnitude. A scalar quantity is a one dimensional
measurement of a quantity. Eg: 5meters has only magnitude 5 and no direction.

iii. Displacement - is vector quantity as it involves both magnitude and direction. Vector quantity has both
magnitude and direction.

iv. Force - is a vector quantity as it involves both magnitude and direction. Vector quantity has both
magnitude and direction. Eg., 5N downward has magnitude of 5 and direction is downward.

v. Work done - is a scalar quantity as it involves only magnitude and no particular direction. A scalar
quantity is a one dimensional measurement of a quantity.

vi. Velocity - is a vector quantity as it involves both magnitude as well as direction. Vector quantity has both
magnitude and direction. Eg., 5m/s east has magnitude of 5m/s and also direction towards east.

vii. Acceleration is a vector quantity because it involves both magnitude as well as direction.
4. Question
In fig 23.5 ABCD is a regular hexagon, which vectors are:

E D

A T B
Fig. 23.5

i. Collinear

ii. Equal

iii. Cointitial

iv. Collinear but not equal.
Answer

i. Collinear

Two or more vectors that lie on the same line or on a parallel line to this are called collinear vectors. Two
collinear vectors may point in either same or opposite direction. But, they cannot be inclined at some angle
from each other.

Hence FE (%), AD (Z) and BC () are collinear vectors.
And also AF (¥) and CD () are collinear vectors.
And AB (3) and ED (g) are collinear vectors.

ii. Equal

Equal vectors are vectors that have the same magnitude and the same direction. Equal vectors may
start at different positions.

Hence AF () and CD (&) are equal vectors.
And also FE (%) and BC (E) are equal vectors.
And AB (3) and ED (H) are equal vectors.

iii. Co - initial

Any given two vectors are called co - initial vectors if both the given vectors have the same initial point.
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Hence, AB (d), AF () and AD () are co - initial vectors.
iv. Collinear but not equal.

And AD (%) and BC (p) are collinear but not equal vectors.

And AD (z) and FE (%) are collinear but not equal vectors

5. Question

Answer the following as true or false:

i. 3 and q are collinear.

ii. Two collinear vectors are always equal in magnitude.

iii. Zero vector is unique.

iv. Two vectors having same magnitude are collinear.

v. Two collinear vectors having the same magnitude are equal.
Answer

i. 3 and 3 are collinear. (True)
Two or more vectors that lie on the same line or on a parallel line to this are called collinear vectors.

3 and 3 are collinear.

ii. Two collinear vectors are always equal in magnitude. (False)

Two or more vectors that lie on the same line or on a parallel line to this are called collinear vectors. Two
collinear vectors may point in either same or opposite direction. And they are not necessarily equal in
magnitude they can be of different magnitude also.

iii. Zero vector is unique.(True)
There is only one zero - vector in a vector space. Hence zero vector is unique.
iv. Two vectors having same magnitude are collinear. (False)

It is not necessary for two vectors having the same magnitude to be parallel to the same line. Hence two
vectors having same magnitude need not be collinear.

v. Two collinear vectors having the same magnitude are equal.(False)

Two vectors are said to be equal if they have the same magnitude and direction, regardless of the positions
of their initial points.

Exercise 23.2
1. Question

If P, Q and R are three collinear points such that PQ =g and QR = b. Find the vector pR .

Answer
O O O
p 0 R

As P, Q and R are three collinear points.

Hence, PR = PQ + QR as shown in above fig

And given P = 3and QR = b.
Therefore PR = PQ + QR = 3 + b
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2. Question

Give a condition that three vectors 5 1_3 and E form the three sides of a triangle. What are the other
possibilities?

Answer

Given that, 3 b and  are three sides of a triangle.

B b C
Hence from the above figure we get,

AB=3 BC=pandAC=¢

Soi+b+¢=AB +BC+ CA = AC + CA
[since AB + BC = AC]
= AC — AC = 0 [Since CA = - AC]

Triangle law says that, if vectors are represented in magnitude and direction by the two sides of a triangle is
same order, then their sum is represented by the third side took in reverse order. Thus,

i+b=-ctori+c=-borb+¢=-3

3. Question

If 5 and E are two non-collinear vectors having the same initial point. What are the vectors represented by
a+banda—b.

Answer

Given 3 and b are two non - collinear vectors having the same initial point.

Let AB = 3and AD = Db

Let us draw a parallelogram with AB and AD as any of the two sides of the parallelogram as shown below.

We know in parallelogram opposite sides are equal hence,
DC = 3andBC = b

Now consider AABC, applying triangles law of vectors, we get
AB + BC = AC=3 +b = AC....... (i)

Similarly in AABD, applying triangles law of vectors, we get

AD + DB= AB=3+ DB =b=3-b = DB......... (i)
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Looking at the two equations (i) and (ii) we can conclude that

a4+ _f; and 3 — f]. are the diagonals of a parallelogram whose adjacent sides are 3 and f].
4. Question

If is a vector and m is a scalar such that m g — (). then what are the alternatives for m and 7 ?

Answer

Given 3 is a vector and m is a scalar such that ;m3 = 0
Let3d = a, i+ b, j + c,kthen according to the given question

md = 0

-m(a,;i+b,j+ k) = 01 +0j + 0k

= (ma,i+ mb,j+ mc,k) = 01 + 07 + 0k
Compare the coefficients off,j, k, we get
ma;=0=>m=0o0ra; =0

Similarly, mb; =0=>m=0o0rb; =0

And, mc;=0=>m=0o0rc; =0

From the above three conditions,
m=0ora;=b;=¢,=0

s>m=00ri =a,i+b,j+c,k=01i+0j+0k=0
Hence the alternatives formandaarem=0or3d = 0

5 A. Question

If 5 b are two vectors, then write the truth value of the following statements :
a=-b 3‘3‘:‘13‘

Answer

—_

Given:3 = — b

Letd = a; i+ byj+ c;kandb = a, i+ by j+ o,k

So according to the given criteria,

Il
I
ol

a
=a, 1+ b,j+ck=—(a,i+ byj+ c,k)
—=a,i+b,j+ck=—ai-b,j—c,k
Compare the coefficients off,j, k, we get

a; =ap by=byandc; =y (i)

P —
and |3| = ai + b + ¢?

Substitute the values from eqn (i) in above egn we get
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Al = V202 + (b, + (o,

= [3] = {(22)2 + (by)? + (cy)?

But, [b] = /(@7 + (6,)7 + (c5)?
Hence 3] = |b|
Therefore, 3 = —b = |3| = |b|

5 B. Question

If 3. are two vectors, then write the truth value of the following statements :

[a|=[p|=a=+b

Answer

Given: 3| = |b]

It means the magnitude of the vector 3is equal to the magnitude of the vectorE}, but we cannot conclude
anything about the direction of the vector.

So itis false that |3] = |b| =3 = +b

5 C. Question

If EE are two vectors, then write the truth value of the following statements :

\5\ :\5\35 ~b
Answer
Given: |3| = |b]

It means the magnitude of the vector 3is equal to the magnitude of the vectorE}, but we cannot conclude
anything about the direction of the vector.

—_

And we know thatg = ﬁ means magnitude and same direction. So, it is false that |3] = |ﬁ| =3 ="h

6. Question

ABCD is a quadrilateral. Find the sum of the vectors BA BC.CD and DA .
Answer
Given: ABCD is a quadrilateral as shown below

A D

B =,

e

C

Consider AADC and apply triangle law of vector, we get
CD + DA = CA....(J)

Similarly, consider AABC and apply triangle law of vector, we get
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—_— —

+ CA = BA.....(ii)

[ap]

Substituting the value of CA from eqn(i) into eqn(ii), we get

—— —_—

+ CD + DA = BA

Al

Now add BA on both sides, we get

P——

+ CD + DA + BA = BA + BA

Al

-

BC + CD + DA + BA = 2BA

U

Hence sum of the vectors BA, BC, CD and DA is 2BA

7 A. Question

ABCDE is a pentagon, prove that

—_— — — — —

Answer

Given: ABCDE is a pentagon as shown below

E

B

Consider AABC and apply triangle law of vector, we get

AB + BC = AC.....(I)

Similarly, consider AACD and apply triangle law of vector, we get
AC + TD = AD.....(ii)

And, consider AADE and apply triangle law of vector, we get

AD + DE = AE ... (iii)

Adding (i), (ii) and (iii), we get

= AB + BC + CD + AD + DE = AE + AD

|

+
=
Il
=
[Tl

= AB + BC + CD
= AB + BC + CD + DE = —EA [asAE = —EA]

-AB+BC+ CD+DE+EA=0
Hence proved
7 B. Question

ABCDE is a pentagon, prove that
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AB+AE+BC +DC+ED+AC =3AC
Answer
Given: ABCDE is a pentagon as shown below

E

B C
Consider AABC and apply triangle law of vector, we get
AB + BC = AC.....(J)
Similarly, consider AADE and apply triangle law of vector, we get
AE + ED = AD..... (i)
And, consider AADC and apply triangle law of vector, we get
AD + DC = AC.....(iil)
Adding (i), (ii) and (iii), we get
AB + BC + AE + ED + AD + DC = AC + AD + AC

+ AC

I
=

= AB + BC + AE + ED + DC
Add AC on both sides we get,

= AB + BC + AE + ED + DC + AC = AC + AC + AC

= AB + BC + AF + ED + DC + AC = 3AC

OrAB + AE + BC + DC + ED + AC = 3AC

Hence proved.

8. Question

Prove that the sum of all vectors drawn from the centre of a regular octagon to its vertices is the zero vector.
Answer

Given: a regular octagon

To prove the sum of all vectors drawn from the centre of a regular octagon to its vertices is the zero vector
Proof:

Let O be the centre of a regular octagon, we know that the centre of a regular octagon bisects all the
diagonals passing through it as shown in figure below
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Thus,

OA = —OE OB = —0F,0C = — 0G,0D = — OH....(i)

The sum of all vectors drawn from the centre of a regular octagon to its vertices is
OA + OB + OC + OD + OE + OF + 0G + OH

Substitute the values from eqgn(i) in above egn, we get

—

OA + OB + OC + OD + OF + OF + 0G + OH

—

— —OE-OF-0G—-0H + OE + OF + 0G + OH
=0
Hence, the sum of all vectors drawn from the centre of a regular octagon to its vertices is a zero vector.

Hence, proved.

9. Question

If P is a point and ABCD is a quadrilateral and AP + PB + PD = PC. show that ABCD is a parallelogram.
Answer

—_—

Given a quadrilateral ABCD, P is a point outside the quadrilateral and 3P + PE + PD = PC

P
AP + PB + PD = PC [given]

Or, AP + PB = PC— PD
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—_— =

= AP + PB = PC + DP -+vvvenees ()lasDP = —PD!

Consider AAPB and apply triangle law of vector, we get

AP + PB = AB.....(i1)

And consider ADPC and apply triangle law of vector, we get
DP + PC = DC.....(iii)

Substitute the values from eqn(ii) an eqgn(iii) in egn(i), we get
AE = DC

Therefore, AB is parallel to DC and equal is magnitude.
Hence, ABCD is a parallelogram.

Hence proved

10. Question

Five forces and AB. AC.AD_.AE and AT act at the vertex of a regular hexagon ABCDEF. Prove that the

resultant is 6 A(). where O is the centre of hexagon.

Answer

Given a regular hexagon ABCDEF with O as the centre of the hexagon as shown in figure below

B

—_—

To prove AB + AC + AD + AE + AF = 6A0

We know that centre O of the hexagon bisects the diagonals
*,2A0 = AD,BO = —OE,C0 = —OF.......... ()

Consider AABO and apply triangle law of vector, we get

AB + BO = AO=AB = AC —BO ..... (i)

And consider AACO and apply triangle law of vector, we get
AC + CO = AD = AC = AO — CO .....(iii)

And consider AAEO and apply triangle law of vector, we get
AE + EC = AO = AE = A0 —EO.....(iv)

And consider AAFO and apply triangle law of vector, we get
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—_— = —_—  — =

F+FO = AO= AF = AO—FO.....(v)
Now,
AB + AC + AD + AE + AF
Substitute the corresponding values from eqn(i) to eqn(v) in above eqn, we get
— AG—BO + AO—CO + 2A0 + AO —EO + AO —FO
— AC—OE + AC— OF + 2A0 + AO —EO + AO — FO [from eqgn(i)]

—_—

— AC + EO + AO + FO + 2A0 + AO—FO + AO—FO[asEO = —OE and FG = —OF]I
— AC + AO + 2A0 + AO + AO

= 6AO

Hence AB + AC + AD + AE + AF = 6AC

Therefore the resultant of the five forces AB, AC, AD. AE and AF is 6A0

Hence proved

Exercise 23.3

1. Question

Find the position vector of a point R which divides the line joining the two points P and Q with position
vectors QP =23 + b and QQ =a —2b. respectively in the ratio 1 : 2 internally and externally.

Answer

Let the position vectors of points P, Q and R bep, g and r respectively.
Givenj —0P=23+bandg-0G=3-2b

(i) R divides PQ internally in the ratio 1:2

1 2
P R Q
#® @ (9)

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and E respectively, internally in the ratiom : nis

.
mb + n3a
m + n

=18

Here, m=1and n = 2.

(D3 + (2P

=T=

1+ 2
. q+2p
=T=

3

We havep =23 +bandg=3—2b

(3 — 2b) + 2(23 + b)
3

.
=T=
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(1+4)3+ (-2 + 2)b
3

.
=T=

= 5—)
~T=2a
3

Thus, the position vector of point R is 23
3

(ii) R divides PQ externally in the ratio 1:2

2
R 1 P Q
# (B) (@)

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and p, respectively, externally in the ratiom : n'is

.
mbh — na

=l

m — 1

Here, m =1 and n = 2.

(D3 — (2)p

=T =

1 -2
G-
=T =

-1
=>T=2p—17

We have g =23 +pandg=3—2b
=7=2(23 + b)— (3 - 2b)
=7=(4-1)3 + (2+2)b
~t=33i+4b

Thus, the position vector of point R is 33 + 4p-

32. Question

Let 5 b.c.d be the position vectors of the four distinct points A, B, C, D. If ) —g = ¢ — d. then show that
ABCD is a parallelogram.

Answer

Given the position vectors of points A, B, C and D are3, ;, ¢ and J respectively.

A (@) D(d)

B(b) c(®
Recall the vector AR is given by

AB = position vector of B — position vector of A
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= AB=b-3
Similarly, the vector D¢ is given by

—_—

DC = position vector of C — position vector of D

=DC=¢-d

But, it is given thatp —3 = ¢— 4.

= AB = DC

Two vectors are equal only when both their magnitudes and directions are equal.
= AB || DCand [AB| = |DC|

This means that the opposite sides in quadrilateral ABCD are parallel and equal.

Thus, ABCD is a parallelogram.

3. Question

If 5. are the position vectors of A, B respectively, find the position vector of a point C in AB produced such
that AC = 3 AB and that a point D in BA produced such that BD = 2 BA.

Answer

Given the position vectors of points A and B are3 and j,.

Let the position vectors of points C and D be¢ and .

D A B C

@ @ () @
We have AC = 3AB.
From the above figure, observe AB = AC - BC
= AC = 3 (AC - BC)
= AC = 3AC - 3BC
= 2AC = 3BC
LAC:BC=3:2
So, C divides AB externally in the ratio 3:2.

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and p, respectively, externally in the ratiom : n is

P —

ﬁ— mb — na

m —n
Here, m=3andn =2

So, the position vector of C is

3b — 23
3 - 2

(g™

—23 + 3b
1

u
=C=

~t=-23i+3b
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We also have BD = 2BA.

From the figure, observe BA = BD - AD

= BD =2 (BD - AD)

= BD = 2BD - 2AD

= BD = 2AD

~BD:AD=2:1

So, D divides BA externally in the ratio 2:1.

We now use the same formula as earlier to find the position vector of D.

Heree m=2andn=1

< 23— b
=1 =
2 — 1
5 23— b
= =
1
~d=2i-b

Thus, the position vector of point C is _23 4 3f and the position vector of point D is 33 _ }.
4. Question

Show that the four points A, B, C, D with position vectors 5 h.c.d respectively such that

3a—2b+5c—6d = 0. are coplanar. Also, find the position vector of the point of intersection of the line
segments AC and BD.

Answer

Given the position vectors of points A, B, C and D are3, . ¢ and { respectively.
We have 33 — 2b + 5¢ — 6d = 0

Rearranging the terms in the above equation,

33+ 5¢=2b+6d

Observe that the sum of coefficients on the LHS of this equation (3 + 5 = 8) is equal to that on the RHS (2 +
6 = 8).

We now divide the equation with 8 on both sides.

33+ 5¢ 2b + 6d
8 8

=

33+ 5¢ 2b + 6d
3+5 246

Now, consider the LHS of this equation.

Let 32+5¢ _ 2 the position vector of some point X.
3+5
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B(b) A@)

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and p, respectively, internally in the ratio m : n is

. mb + n3

P m+n

Here, m=3andn=>5

So, X divides CA internally in the ratio 3:5.

Similarly, considering the RHS of this equation, we have the same point X dividing DB in the ratio 2:6.

So, the point X lies on both the line segments AC and BD making it the point of intersection of AC and BD.

As AC and BD are two straight lines having a common point, we have all the points A, B, C and D lying in the
same plane.

Thus, the points A, B, C and D are coplanar and in addition, the position vector of the point of intersection of

line segments AC and BD is 233*5¢ gr2b + éd,
8 8

5. Question

Show that the four points P, Q, R, S with position vectors I}i{g respectively such that

51_3 — ji +61 —95 = (). are coplanar. Also, find the position vector of the point of intersection of the line
segments PR and QS.

Answer

Given the position vectors of points P, Q, R and S arep, g, ¥ and s respectively.
We have 5p — 2q + 61 — 95 = 0

Rearranging the terms in the above equation,

5P + 6T = 2q + 95

Observe that the sum of coefficients on the LHS of this equation (5 + 6 = 11) is equal to that on the RHS (2 +
9 =11).

We now divide the equation with 11 on both sides.

5p + 6 24 + 9§
= =
11 11
5p + 6 24 + 9§
5+6 249

Now, consider the LHS of this equation.

Let 3B*ST _ = the position vector of some point X.
5+6
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a(d) P (@)
Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3

and p, respectively, internally in the ratiom : nis

. mb + n3

P="m+n

Here, m=5andn=26

So, X divides RP internally in the ratio 5:6.

Similarly, considering the RHS of this equation, we have the same point X dividing SQ in the ratio 2:9.
So, the point X lies on both the line segments PR and QS making it the point of intersection of PR and QS.

As PR and QS are two straight lines having a common point, we have all the points P, Q, R and S lying in the
same plane.

Thus, the points P, Q, R and S are coplanar and in addition, the position vector of the point of intersection of
line segments PR and QS is 2B g 24+ 9
11 11

6. Question
The vertices A, B, C of triangle ABC have respectively position vectors 5 EE with respect to a given origin O.
Show that the point D where the bisector of ZA meets BC has position vector d= M where f§ = ‘E - 5‘

B+

and v = ‘a —b‘.
Answer

Given the position vectors of vertices A, B and C of AABC areg}ﬁ and ¢ respectively.

D is point on BC with position vector g such that AD is the bisector of ZA. | is the incenter of AABC.

A(d)

8(b) D(d) c(®)
Observe from the figure that D divides BC in the ratio BD:DC.

Using the angular bisector theorem, we know that the angle bisector of an angle in a triangle bisects the
opposite side in the ratio equal to the ratio of the other two sides.
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BD A

B

= —=—
DC AC

But, AB = |ﬁ| and AC = |R’|

BD |AB|
= = T
DC |AC|

Recall the vector AR is given by

AB = position vector of B — position vector of A

->AB=b

=
—4d

Similarly, A = ¢ —3

So, we ha

ve ED

_ -8l

Dc  |2-3

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3

and p, respectively, internally in the ratiom : nis

=l

.
mb + na

m + n

Here, we have D dividing BC internally in the ratio m:n where m = BD = |§ — E| andn=DC=|¢ — 3|

L |a-blg+ g~ Elb
=d= = P = =
|2 - b| + [ - 3

L [¢—3b+ [3- Dble
=d= -+ - - P
|¢ — 3l + |3 — b

Suppose [¢ —3| = gand [3—b| = y-

- PBb
.-.c1=B

From angular bisector theorem above, we have% -

+ vt

B+y

Adding 1 to both sides,

BD + DC AB + AC

DC

AC

BC AB + AC

= — =
DC

AC

AC AB + AC

= — =
DC

BC

AB

AC

In addition, as Cl is the angular bisector of £C in AACD, using the angular bisector theorem, we have

ID CD Al AC
Al _AC 1D DC

So, we ge

t Al _
1D

AB + AC

BC

We have gsB— |3 — b|,Bc=|b — ¢ and Ac = |¢ — 3|
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Al _AB+AC _[i-b|+ ]2 -3
DD BC b — ¢

Assume |§ —t=a

Al B +y
= — =
ID o

So, | divides AD in the ratio (B + vy):a.
Let the position vector of | be %.

Using the aforementioned section formula, we can write

. (B+ypd+d

X =
B+y+a
But, we already found g — B2* Y€,
B+y
Bb + y¢ =
+ vy + ad
=¥ =
p+y+a
. Pb+ 7y + a3
2¥="——
p+y+a
L a3 +pb+ e
=
a+ pB+y
Thus, d = E2*Y% and the position vector of the incenter is ¥ B2 Y \where o — |E’_ ¢ p=1¢—3]and
B+y x+p+y
y=I[3-b|

Exercise 23.4
1. Question

If O is a point in space, ABC is a trlangle and D, E, F are the mid- pomts of the sides BC, CA and AB
respectively of the triangle, prove that OA OB OC‘ OD OE 01:

Answer
Let position vectors of the vertices A, B and C of AABC with respect to O be 3, |, and ¢ respectively.
= 0A=30B=bandOC =

Let us also assume the position vectors of the midpoints D, E and F with respect to O arey, g and §
respectively.

= 0D =d,0F = ¢ and OF =

A (@)

F(f) E(#)

B8(b) o(d) C(@)

Now, D is the midpoint of side BC.
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This means D divides BC in the ratio 1:1.

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and E respectively, internally in the ratiom : nis

.
mb + n3a

P= m + n
Heree m=n=1

(1)E + (1)b

H:
= 1+1
g b+¢
=0T
“b+é=2d

Similarly, for midpoint E and side CA, we get¢ + 3 = 2¢ and for midpoint F and side AB, we get3 | E’ - 2_f3-
Adding these three equations, we get

+2f

(=}
ol
@l

+d3+d+b=2d+2

(¥ Y

b+c+

— S —

= 23+ 2b+2¢=2d+ 28+ 2f

_—y

=2(F+b+08) =2(d+8+1)
~3+b+e=d+e+i

Thus, DA + OB + OC = OD + OE + OF-
2. Question

Show that the sum of the three vectors determined by the medians of a triangle directed from the vertices is
zero.

Answer
Consider a AABC with D, E and F being the midpoints of sides BC, CA and AB respectively.
Let the position vectors of these vertices and midpoints be as shown in the figure.

We need to prove AD + BE+CF = 0-

A (@)
F(f) E(&)
5 (5) o(d) c@®
As D is the midpoint of BC, using midpoint formula, we have
i b+ ¢
2
Similarly, 3 = £*3andf = 2*&
2 2

Recall the vector A is given by
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AD = position vector of D — position vector of A
>AD=d-3

Similarly, BE= 8 _pbandCF=F—_¢

Now, consider the vector Ap + BE + CE-

AD + BE+CF = ( —a)+ e—b)+(?—c)

+b

—

AD + BE + CF = b+ ¢ ¢+ E’+§+b ¢
= = _ _
2 2 2 ¢

b+ ¢ e+3—2b\ [3+b-— 2t
= AD + BE + CF + +
2 2
. b+ié-2a+¢+3i—-2b+3F+b-— 28

i)
&l
+
2l
+
i
||

~AD+BE+CF=0

Thus, the sum of the three vectors determined by the medians of a triangle is zero.

3. Question

ABCD is a parallelogram and P is the point of intersection of its diagonals. If O is the origin of reference, show
that OA + OB +OC +OD =4 OP.

Answer

Let position vectors of the vertices A, B, C and D of the parallelogram ABCD with respect to O be3, i, € and §
respectively.

Also, let us assume position vector of P is p.

A(@) D(d)

P
®)
B(b) c(d)
Given ABCD is a parallelogram.
We know that the two diagonals of a parallelogram bisect each other. So, P is the midpoint of AC and BD.

As P is the midpoint of AC, using midpoint formula, we have

A+
2

=l

U

W=F+¢
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:§+E=2ﬁ

P is also the midpoint of BC.

aul

So,ﬁzb; >b+d=2p

Now we have 3 + ¢ = 2p and | + d = 2f-

Adding these two equations, we get

@+ +(b+d)=2p+2p

~3+b+c+d=4p

Thus 0A + OB + OC + 0D = 40P-

4. Question

Show that the line segments joining the midpoints of opposite sides of a quadrilateral bisect each other.
Answer

Let ABCD be a quadrilateral. E, F, G and H are the midpoints of sides AB, BC, CD and DA respectively.

We need to prove EG and HF bisect each other. It is sufficient to show EFGH is a parallelogram, as the
diagonals in a parallelogram bisect each other.

Let the position vectors of these vertices and midpoints be as shown in the figure.

D(d)

G(4)

B(b) F(f) c@
As E is the midpoint of AB, using midpoint formula, we have
. 3+b
*T 2

Similarly, f = 2%€ 5 _ S*dand - 4£%,
2

Recall the vector EF is given by

EF = position vector of F — position vector of E

Similarly HG = position vector of G — position vector of H
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1
T
2
Il
aal
I
=l

. t+d d+3
=TT 2
. t+d-d-—a
== 2
w3

T2

So, we have EF = HG-
Two vectors are equal only when both their magnitudes and directions are equal.
= EF || HG and |EE| = [HG|-

This means that the opposite sides in quadrilateral EFGH are parallel and equal, making EFGH a
parallelogram.

EG and HF are diagonals of parallelogram EFGH. So, EG and HF bisect each other.

Thus, the line segments joining the midpoints of opposite sides of a quadrilateral bisect each other.

5. Question

ABCD are four points in a pIa_@ arE.Q is_tr]e rﬂr)t of in_tgrsection of the lines joining the mid-points of AB and
CD ; BC and AD. Show that PA +PB + PC + PD = 4PQ, Where P is any point.

Answer

Let E, F, G and H be the midpoints of sides AB, BC, CD and DA respectively of quadrilateral ABCD.

Let the position vectors of these vertices and midpoints be as shown in the figure.

D(d)

B(b) F(f) (@
As E is the midpoint of AB, using midpoint formula, we have
. 3i+Db
*=72

Similarly, f = 2£¢, 5 _c*dandj — 422
2 2 2

We know that the line segments joining the midpoints of opposite sides of a quadrilateral bisect each other.

= Q is the midpoint of EG and HF.

e+g

Once again using midpoint formula, we getq =
2

But, we found gz — 2*Pandg _ ¢+9
2 2
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=q=
~3+b+C+d= 4G
Now, consider the vector PA + PB + PC + PD-

Let the position vector of point P be .

Recall the vector p3 is given by

PA = position vector of A — position vector of P

=PA=3-F

Similarly, Ppf = b —p PC=¢—-pandPD = d -
= PA+PE+PC+PD=G-P)+(b-F)+@-P+(d-P)

~PA+PE+PC+PD=(3+b+¢+d)-F-F-0-p
—~PA+PE+PC+PD=(3+b+¢+d)—4p

But, we found 3 + b + ¢+ d = 43

— PA+PB +PC+PD = 44 — 49

= PA+PB+PC+PD=4(G-p)

Observe, § — p = position vector of Q — position vector of P

> d-p=PQ

-~ PA +PB + PC + PD = 4PQ

Thus, PA + PB + PC + PD = 4PQ

6. Question

Prove by vector method that the internal bisectors of the angles of a triangle are concurrent.
Answer

Consider AABC with vertices A, B, C and sidesBC = a, AC= [ and AB = y.

Let the position vectors of A, B and C be g’E’ and ¢ respectively.

Let D and E (with position vectors{ and g) be points on BC and AB such that AD and CE are the bisectors of
LA and £C. Let, AB and CE meet at point I.
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A (d)

(@A

8 (5) o(d) c@®
Observe from the figure that D divides BC in the ratio BD:DC.

Using the angular bisector theorem, we know that the angle bisector of an angle in a triangle bisects the
opposite side in the ratio equal to the ratio of the other two sides.

BD_AB_Y (from our initial assumption)

DC AC B
Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and p, respectively, internally in the ratiom : nis

.
mb + na

m + n

=l

Here, we have D dividing BC internally in the ratio m:n where m = y and n = B.
v¢ + pb
y+B

>d=

gED _ 42

From angular bisector theorem above, we ha = ac

Adding 1 to both sides,

BD+1 AB+1
DC AC

BD + DC AB + AC
DC ~  AC
BC AB + AC
= — =

DC AC

AC AB + AC
= — =

DC BC

=

In addition, as Cl is the angular bisector of LC in AACD, using the angular bisector theorem, we have

ID CD Al AC
Al _AC 1D DC
AB + AC m

So, we get &1 _ —
D~ BC =

So, | divides AD in the ratio (B + y):a.

Let the position vector of | be .
Using the aforementioned section formula, we can write

(B+y)3+tx§
B+y+a

=
X =

But, we already found g — B2*Y€,
B+vy
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—

Bb + ycC

. (B+Y)[B+V + od

=X=
B+vy+ta

. Pb+ye+ a3

> X=——
B+y+a

0@ + pb + 2

e =

a+ pB+y
Now, observe E divides AB in the ratio AE:EB.

AE _AC

—2€ _ B (from angular bisector theorem)
EB BC «

S0, 8 = '3:;;“5 (using section formula)
+ o

By doing similar calculations as above for £C, we get

CI BC+AC a+
IE AB ¥y

So, | divides CE in the ratio (a + B):y.
Let the position vector of | now be 3}
Using the aforementioned section formula, we can write

(¢ + B)e + yc

Y= a+p+y
But, we already found @ = Bb + a3
B+a
b + od .
R Bra | TY
-¥= a+ p+y
. Pb+ a3+ yE
=2V=—
y a+p+y
L @+ pb + ye

a+ B +y

Observe that ¥ = y meaning the point | with position vectorw lies on both AB and CE.
a+B+y

Similarly, it can be shown that this point | also lies on the third angular bisector.
Thus, the internal bisectgrs of the angles of a triangle are concurrent with the point of concurrency given by
aad + Bb +yc

the position vector where a,B and y are sides of the AABC opposite to the vertices A, B and C

a+p+y
respectively.

Exercise 23.5

1. Question
If the position vector of a point (-4, -3) be 5 find ‘5‘

Answer
Given 3 is the position vector of point (-4, -3).

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
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directions.

=a=(—1i+ (-3)j

Now, we need to find magnitude of3 i.e. 3]

Recall the magnitude of the vector xj + Vi is given as
Ixi+yjl = x2 +y2

Here, x =-4andy = -3

= [d] = (-4)?2 + (-3)?

= [3] =25
e Ia}l = 5
Thus, |3| = 5.

2. Question

If the position vector g of a point (12, n) is such that a‘ =13, find the value(s) of n.

Answer
Given 3 is the position vector of point (12, n).

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

=d=12i+nj

Now, we need to find n such that|3| = 13.

Recall the magnitude of the vector xj + Vi is given as
|xi+yjl = yx* +y?

Here,x =12andy =n

= |d| = /122 + n2

= 13 =,/144 + n?

Squaring both the sides, we have

132 = 144 + n?

= n®+ 144 = 169

=n?=25
=n=+25
~n= 415

Thus, n =5 or -5.

3. Question
Find a vector of magnitude 4 units which is parallel to the vector VEI + J

Answer
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Let 3 be the required vector that is parallel to \/3i +j.

We know any vector parallel to a given vectorj + il is of the form Axi+y)). where A is a real number.

=3d= M\,@T +1)

Now, we need to find A such that|3| = 4.

Recall the magnitude of the vector xj + Vi is given as
|xi+ yjl = yx2 +y?

Here, x =} /3andy = A

= 3] = [(AW3)2 + A2

= 4 =4/3)2 + 22
=:'4=‘\|'4)Lz

Squaring both the sides, we have

4% = 4)?

= 4% = 16

= A =4

~h=2

Thus, the required vector is 2./37 + 2j.

4. Question

Express A—B in terms of unit vectors 1 and J when the points are :

(i) A (4, -1), B(1, 3)
(ii) A(-6, 3), B(-2, -5)

Find ‘A—B‘ in each case.

Answer

(i) Given A = (4, -1) and B = (1, 3)

We know position vector of a point (x, y) is given by xj + Vi where i and jare unit vectors in X and Y

directions.

Let position vectors of points A and B be 3 and , respectively.
=a=4+(-1)j=4i—j

We also havef = { + 3j-

Recall the vector AR is given by

—_—

AB = position vector of B — position vector of A
=AB=b-3
S AB=(1+3)) - (4i—-

= AB = (1 —4)i+ (3 + 1)j
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= AB = —31 + 4§

Recall the magnitude of the vector xj + Vi is given as
|xi+yjl = {x2 +y2

Here,x =-3andy =4

= |E| =J(=3)2+ 4

= |AB| = V91 16

= |AB| = VvZ5

- |ABl =5

Thus, A8 = —3i + 4j and [AB| = 5.

(ii) Given A = (-6, 3) and B = (-2, -5)

We know position vector of a point (X, y) is given by x{ + Vi where i and jare unit vectors in X and Y
directions.

Let position vectors of points A and B be3 and E’ respectively.
=3d=(-6)i+3j=—61+3j

We also havel; = (—2)i + (=5)j = —2i — &j

Recall the vector AR is given by

AB = position vector of B — position vector of A
~AB=b-3

= AB = (=21 — 5f) — (—6i + 3f)

= AB = (=2 + 6)i+ (=5 — 3)j

- AB = 4i — 8]

Recall the magnitude of the vector xj + Vi is given as
|xi+yjl = {x2 +y2

Here, x =4 andy = -8

= |AB| = /22 + (—8)?

= |AB| = V16 + 64

- |AB| = V80
- |AB| = 4V5

Thus, 3B = 4i — gj and |[AB| = 4v/5.
5. Question

Find the coordinates of the tip of the position vector which is equivalent to AR where the coordinates of A
and B are (-1, 3) and (-2, 1) respectively.

Answer

Given A= (-1, 3)and B = (-2, 1)
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We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

Let position vectors of points A and B be 3 and j, respectively.
=3d=(-1Di+3]=-1+3j

We also havely = (—2)i+§ = —2i +§-

Recall the vector AR is given by

AB = position vector of B — position vector of A

~AB=b-3

= AB = (=21 +) — (i + 3}

S AB=(-2+1i+(1-3)j

~AB=-i-2j

Now, it is given that there exists a point say (X, y) whose position vector is same as AR.
We know position vector of a point (x, y) is given by xi + yj.
=xi+y] = AB

=2xi+yj=-1—-12j

By comparing both the sides, we getx =-1landy = -2
Thus, (-1, -2) is the tip of position vector that is same as Ag.

6. Question

ABCD is a parallelogram. If the coordinates of A, B and C are (-2, 1), (3, 0) and (1, -2), find the coordinates of
D.

Answer
Given A= (-2,-1),B=(3,0)and C = (1, -2)
Let the other vertex D = (X, y)

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

A (@) D(d)

B(b) c(d)
Let position vectors of points A, B, C and D be3, 1, ¢ and § respectively.
=a=(—-2)i+(-1Dj=-2i—j
We also have = 31 + 0f = 3-
Similarly ¢ =1 — 2j and § = xi + yj-

Recall the vector AR is given by
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AB = position vector of B — position vector of A
= AB=b-3

= AB = (3i) — (=2i—{)

= AB = (3 + 2)i— (=1)j

~AB =5i+]

Similarly, the vector D¢ is given by

DC = position vector of C — position vector of D

—DC=¢—d
= DC = (i—2)) — (xi+¥)
= DC = (1 -x)i+ (-2 -y)j

~DC=(1-x)i—(2+Y)j

But, it is given that ABCD is a parallelogram.

= AB = DC (as the opposite sides are parallel and equal)
=51+i=(1-x)1—(2+¥)j

By comparing both sides, wegetl-x=5and2 +y =-1
>x=1-5=-4

andy=-1-2=-3

So,x=-4andy = -3

Thus, vertex D of parallelogram ABCD = (-4, -3).

7. Question

If the position vectors of the points A (3, 4), B (5, -6) and C (4, -1) aregq_p_¢ respectively, compute
a+2b-3c.

Answer

Given A= (3,4),B = (5,-6)and C = (4, -1)

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

—=3=237+ 4 (position vector of point A)
We also have ], = 57 + (—6)j = 51 — 6f
Similarly ¢ = 4 — j-

We need to compute 3 + 2 — 3¢

3+2b—32= (3i+ 4)) + 2(51 — 6)) — 3(4i— )

= 3+2b-38=(3+2x5-3x4)i+(4-2x6+3)j

+2b— 3¢

wl

- (3+ 10— 12)i+ (4— 12 + 3)j

~3+2b—3t=1—5j
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Thus, 3 + 2b — 3¢ = i — 5j-
8. Question

If 7 be the position vector whose tip is (5, -3), find the coordinates of a point B such that AR — 5. the
coordinates of A being (4, -1).

Answer

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

So, position vector of (5, -3) is3 = 5i + (—3)j
a=>51—3j
Given A = (4, -1) and let the coordinates of B = (x, y)
Let position vectors of points A and B be p and g respectively.
=>p=41+(-1)j=41—]
We also have g = xi + yj.
Recall the vector AR is given by

AB = position vector of B — position vector of A

—

>AB=4-p
= AB = (xi+ yj) — (41— )

~AB = (x— )i+ (y+ 1)j

But, it is given that 3B = 3

=(x-4)i+(y+1)j=51-3j

By comparing both sides, we getx-4 =5andy + 1 =-3
=2Xx=54+4=9

andy=-3-1=-4

So,x=9andy =-4

Thus, coordinates of point B are (9, -4).

9. Question

Show that the points 21_1 _4:i and 1 + 4J form an isosceles triangle.

Answer

Leti=21b=—j— 4 and ¢ = —i + 4j be the position vectors corresponding to the vertices A, B and C of
AABC.

A (d)

B(b) c@
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Recall the vector AR is given by

AB = position vector of B — position vector of A
= AB=b-3

= AB = (—i— 4j) — (2D)

= AB = (=1 — 2)i+ (—4)j

~AB = —3i— 4]

Recall the magnitude of the vector xj + Vi is given as
Ixi+yjl = x2 +y2

Now, we find the magnitude of AR.

28] - VT + (e

- |AB| = vo+ 16

= |AB| = V25

- [AB| =5

Similarly, the vector B¢ is given by

BC = position vector of C — position vector of B

-
t-b

!
a3l
I

= BC = (—1+4)) — (-1 —4)
= BC=(-1+1)i+(4+4)j
~BC =8

Now, we find the magnitude of B(.

|BC| = 02 + 82

= |BC| = V82
|BC| =

Similarly, the vector A¢ is given by

AC = position vector of C — position vector of A
SAC=¢-13

= AC = (-1 + 4) — (20)

= AC = (—1-2)i+ (4)j

~AC = —31+4j

Now, we find the magnitude of A¢.

¢ = [

= |[AC| = V9 + 16
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= [aC| = V25
- [AC| =5

Observe that |ﬁ| = |R’| which means the sides AB and AC of AABC are equal in length, making it an
isosceles triangle.

Thus, the triangle formed by the given points is isosceles.

10. Question

Find a unit vector parallel to the vector 1 + -\EJ

Answer

Let 3 be the required vector that is parallel to + /3j.

We know any vector parallel to a given vectorxj + Vi is of the form A(xi+ i) where A is a real number.
= 3= A(1+3))

Now, we need to find A such that|3z| = 1.

Recall the magnitude of the vector xj + Vi is given as

Ixi+yjl = x2 +y2

Here, x =Aandy =},/3

= |3] = A2 + (W3)?

= 1=+ 32

=1= 4 472
Squaring both the sides, we have
17 =4)°

=437 =1

Thus, the required vector is ; (i+3)).
11. Question

The position vectors of points A, B and C are ,-1 1 3}_12{ 1 H:i and respectively. If C divides the lien segment
joining A and B in the ratio 3 : 1, find the values of A and u.

Answer
Let the position vectors of points A, B and C be3, i and ¢ respectively.
Given:3 =i+ 3. b = 12i + yjand & = —11i — 3§

C divides AB internally in the ratio 3:1.
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A cC B
(@) © (b)

Recall the position vector of point P which divides AB, the line joining points A and B with position vectors 3
and }, respectively, internally in the ratiom : nis

.
mb + na

p= m + n
Here, m =3 and n = 1.

(3)b + (1)3

ST T3
. 3b+3
==
4

We haved =i +3j b = 121 + yjand & = —111 — 3j

30121 + pj) + (AL + 3§)
4

= —-111—-3j=

= —44i — 12§ = 3(121 + pj) + (Ai + 3))

= —44i — 12 = (36 + )i+ (3u+ 3)j

= (36+A)i+(Bu+3)j=—441—12j

By comparing both sides, we get 36 + A = -44
=>A=-44 - 36

A =-80

We also have 3u + 3 =-12

= 3u =-15

L H=-5

Thus, A =-80and p=-5

12. Question

Find the components along the coordinate axes of the position vector of each of the following points -
i. P(3,2)

i.Q(5,1)

iii. R (-11, -9)

iv.S (4, -3)

Answer

(i) Given P = (3, 2)

We know position vector of a point (x, y) is given by x{ + Vi where i and jare unit vectors in X and Y
directions.

Let position vector of point P be .
=p=31+2j

So, component of j along the X-axis is 3i, that is a vector of magnitude 3 along the positive direction of the
X-axis.
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Also, component of j along the Y-axis is 2j, that is a vector of magnitude 2 along the positive direction of the
Y-axis.

(ii) Given Q = (5, 1)

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

Let position vector of point Q be g.
=q=>5i+]j

So, component of g along the X-axis is 5i, that is a vector of magnitude 5 along the positive direction of the
X-axis.

Also, component of g along the Y-axis is j, that is a vector of magnitude 1 along the positive direction of the
Y-axis.

(iii) Given R = (-11, -9)

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

Let position vector of point R be .
=T=(—11)i+(-9)j= —11i — 9j

So, component of f along the X-axis is —11§, that is a vector of magnitude 11 along the negative direction of
the X-axis.

Also, component of ¥ along the Y-axis is —9j, that is a vector of magnitude 9 along the negative direction of
the Y-axis.

(iv) Given S = (4, -3)

We know position vector of a point (x, y) is given by xi + yj, where { and j are unit vectors in X and Y
directions.

Let position vector of point S be 3.
= §=41+(-3)j= 41— 3f

So, component of § along the X-axis is 4f, that is a vector of magnitude 4 along the positive direction of the
X-axis.

Also, component of 5 along the Y-axis is —3j, that is a vector of magnitude 3 along the negative direction of
the Y-axis.

Exercise 23.6

1. Question
Find the magnitude of the vector 3 = ji + 3,:i — 61\
Answer

If a vector is given by A — 37+ bj + ck then the magnitude of vector is generally denoted by |3| which is equal
to VaZ + b2 + 2

So the magnitude

l3] = /22 +32 + (—6)2
3] =vV4+9+36
3] = V49

|al =7
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So the magnitude of the vector is 7.

2. Question

Find the unit vector in the direction of 3 + 4J _ 12k,
Answer

Let the unit vector in the direction of 3 = 37 + 4j — 12k

So any unit vector in the direction of & = 3i + 4j — 12k

3
4]

So the magnitude of the vectorﬁ =32+ 42 + (—12)2

|A| =vo+16 + 144

A| = V169
|A] =13

3i+4j—12k
13

So, the unit vector § =

3. Question

Find a unit vector in the direction of the resultant of the vectors i _:i_3£;_ 2] _:]'_ ok and -+ ::i_ 2k,

Answer

To find the resultant vector we add all the vector by vector addition.

i=i—-j+3k
b=2i+]j—2k
¢=1+2j—2k

So, resultant vector is

Magnitude of [B| = /42 + 22 + (—1)2

[Pl=vie+4+1

|P| = v21

. 4i+2j-k

P=———
V21

4. Question

The adjacent sides of a parallelogram are represented by the vectors 5 = 1 _:i _L"; and E = _ji + _] + :L
Find unit vectors parallel to the diagonals of the parallelogram.
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Answer

b
Side BC parallel to

AD=3AB=b

So resultant vectorc = b + a

So,vector C =3+ b = (i+j— k) + (—21+j + 2k)

+ 2k

Et

C=i+j—k—2i+

%]
—

C=-i+2j+k
So unit vector along the diagonal of

Parallelogram is

. C
C=—=

€|
e -i+2j+k

J(=1)2+22 +12
. —i+2j+k
C=—Il,_

V6

5. Question
fa=3i—j—4k.b=-2i+4j-3k and ¢ =i + 2j—k, find 3a—2b+4c|.

Answer

We want to find the magnitude of vector 33 — 2 + 4¢

So,

Al
Il

33— 2b + 48 = 3(31 —j — 4k) — 2(—21+ 4j — 3k) + 4(i + 2§ — k)

33 — 2b + 48 = 91 — 3] — 12k + 41 — 8] + 6k + 41 + 8] — 4k
33 —2b+4¢ =171 — 3] — 10k

If a vector is given by A — a7+ bj + ck then the magnitude of vector is generally denoted by |3| which is equal
to \/aZ + b2 + 2

|33 — 2b + 48| = /172 + (—3)2 + (—10)2
|33 — 2b +4¢| = V289 + 9 + 100

|33 — 2b + 42| = V398

6. Question

If }Tj = 3} + j:i — k and the coordinates of P are (1, -1, 2), find the coordinates of Q.
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Answer

Position vector of ‘P"is § —§ + 2k

Let the position vector of point ‘Q’ is ‘a.’
So we need to find the value of ‘a.’

p_’Q — Position vector of ‘Q’ - Position vector of ‘P’

3i+2fj—k=a—(i—-7+2k)
3i+2j—k=a—-1+j-2k
i=31+2j-k+i-j+2k
i=4i+j+k

So the position vector of ‘Q” is (4, 1, 1)

7. Question
Prove that the points 1 — J 4_] — 3:]' _L"; and 2{ — 4J 1 ﬁL are the vertices of a right-angled triangle.

Answer

In a right angle triangle cAZ = AB2 + B(C?
Where CA is the hypotenuse

BC is the perpendicular and AB is the base
Vertices of the triangle are given below
A=(1,-1,0),B=(4,-3,1),C=(2,-4,5)
So,

—

AB=B-A=(4i-3j+k)-(G-]

-

—i+]

Et

AB = 4i—3j+

AB=31-2j+k

|AB| = /32 + (—2)2 + 12

|AB| =vo+4+1

—_—

|BC| = /(-2)2 + (—1)% + 42

|BC| =va+1+ 16

CA=A-C=(i—1) — (21 —4j+5k)

CA=-1+3j-5k
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[CA| = /(-1)2+ 3% + (-5)2

|CA| =vV1+9+25

35=14 + 21
35=35
LHS = RHS

So, these point form a right angle triangle
8. Question

If the vertices A, B, C of a triangle ABC are the points with position vectors 311 + aq_:i +a, L

bli + b,):i + bsk- Cli + C,_\:]' + C3£i respectively, what are the vectors determined by its sides? Find the length of
these vectors.

Answer

Let the position vector of the vertex ‘A" isg i+ a,j+ a;k-

And similarly B— b,i+ b,j+ bykand C= ¢ i+ c,j+ c;k

Side AB is

—

AB =B — A= (byi+b,j+byk)— (a,i+a,j+azk)

AB = (b, —a,)i+ (b, — a,)j+ (by —ag)k -oeveene (1)
Equation (1) vector representation of the side AB

Magnitude of side AB,

Iﬁﬂ = \n"ll(bl_ a;)?+ (b, —a,)2+ (by —ay)?
And similarly for side BC and CA

BC=C—B = (c,i+ c,j + c3k) — (byi+b,j+byk)
ﬁ; = [:Cl— bl)T—l_ (':2 - bz)T+ [:CE - bg)ﬁ """"" (2)

—

CA= (a; —c)i+(a; —c)j+ (a3 — cg)ﬁ

Length of side BC and CA

|BC| = /(c; —b)Z + (¢, —b,)2 + (c; — by)?

|ﬁ;| = \f'f(a1_ €;)?+ (a; — ;)2 + (a3 — c3)?
9. Question

Find the vector from the origin O to the centroid of the triangle whose vertices are (1, -1, 2), (2, 1, 3) and (-1,
2,-1).

Answer

Centeroid of the triangle with Vertices (xy, Y1, 1), (X2, Y2, Z3), and (X3, y3, z3) is given by,
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(X’y’z)z( 3 3 T3 )

In vector algebra, ‘X’ consider as a coefficient of { and 'y’ as a coefficient of j and ‘z" as a coefficient of

So the position vector of the centroid,

.y 1421 -14142243-1
[1!!1-{)2 3 r 3 r 3

So the location of the centroid is G%g)

And the vector is,

oc = 21+ 25+ 2%
“ 373173

10. Question
Find the position vector of a point R which divides the line segment joining points p(l + Z:i —L) and
Q(—lT —:i —L) in the ratio 2 : 1.

(i) Internally
(ii) Externally
Answer

By using section formula,

(1) Internally _ mQ+nP
m+n

Position vectors of P and Q are given as
OP=(i+2j+kandoQ=(-i+j+k)
m 2
n 1

The position vector of point R which divides the line joining two points P and Q internally in the ratio 2 : 1 is
given by,

. (f+21+k)+2(-i+j+k
op (+2+k) +2(-i+j+ k)
2+1

_, —i+4j+3k
OR=—"73"

The position vector of point R which divides the line joining two points P and Q externally inthe ratio2 : 1 is
given by,

(2)Externally_ mQ-uP

m-n

— ((+2§+k)-2(-i+j+k)

OR =
1-2
-1
OR=-3i+k

11. Question

Get More Learning Materials Here : & m @\ www.studentbro.in



Find the position vector of the mid-point of the vector joining the points P(ZlT — 3:i + 4L ) and
Q(4i+j-2k).
Answer

If P-and Q are two points with position vector p(2i — 3§ + 4&) and Q(4i+ 17— gf{) then the position vector of
mid point A is given by
P+Q

2
Let A is the mid point of PQ.

So, position vector of A _ P+Q
2

21— 3]+ 4k +4i+]- 2k

_A>=
2
5 _ 62+ 2k
B 2
. 23Bi—-j+k
AZ( j+k
2
A=3i—j+k

12. Question

Find the unit vector in the direction of vector }T) where P and Q are the points (1, 2, 3) and (4, 5, 6).

Answer

First we need to create vector PQ

Position vector of P = OP = (1, 2, 3) and position vector of Q = OQ = (4, 5, 6)
PQ = 0Q — OP = (41 + 5j + 6k) — (i + 2j + 3k)
PQ = 3i+ 3j + 3k

PQ=3(i+1 +k)

So unit vector in the direction PQ,
_ PQ
]
[PQ]
3(1+7+k)
V32 4+ 32 4 32

3(1+1 +k)
3VI+1+1

PQ
55 (i+7 +k)

= 7

13. Question

Show that the points A (21 - ] + L) B(l - 3:i - 51\) C‘(.BplT - 4] — 4k ) are the vertices of a right angled
triangle.

Answer
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If A, B and C are the vertices of the right angle triangle
So,

In a right angle triangle pAB? = CAZ + BC?

Where AB is the hypotenuse

BC is the perpendicular and CA is the base

Vertices of the triangle are given bellow

A(2i —j+k). B(i— 3j— 5k) and ¢(3i — 4j — 4k)

So,

—_— = —

AB=B-A=(1—3]-5k)—(21—-j+k)

o]

AB=—-1-2]—6

|AB| = /(D)2 + (—2)2 + (-6)?

|AB| =VI+4+36

Al
Il
-
e
+
'_\.
+
'_\.

al
I

=
S

CA=A-C=(2i—j+k)— (31— 4 — 4k)

CA=-1+3j+5k

|CA| = /(=17 +3% + (5)2

|CA| =V1+9+25

AB? = CA? + BC?

(V1) = (V38) + (V8

41 =35+ 6
41 = 41
LHS = RHS

14. Question
Find the position vector of the mid-point of the vector joining the points P (2, 3, 4) and Q (4, 1, -2).
Answer

If P-and Q are two points with position vector p(2j + 3§ + 4&) and Q(4i+ 17— gf{) then the position vector of
mid point A is given by
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P+Q
)
Let A is the mid point of PQ.

So, position vector of A _ F+Q
2

(21 + 37 + 4k) + (41 +7 — 2k)

_A>=
2
L 6i+4j+2k
A-——
2
. 2(3i+2j+k
Az( 21 )

A=3i+2j+k
15. Question

Find the value of x for which x(l —:i + L) is a unit vector.

Answer
We need to find the value of “x’ for which x(j + § + R) is a unit vector
If any vector is a unit vector, then its magnitude should be one.

So, the magnitude of the vector is,

x(1+j+k)=1

Jxrz+12+12) =1

X\;@:l
N 1
x=+—
V3

For this value of ‘x’ the above vector is a unit vector

16. Question

If;{:j_j_ktﬁzji_:i_ﬂ;- and E:i_jii_f{_ find a unit vector parallel to 25_5_36.

Answer

First, we need to create a vector in the direction of 35 _p + 3¢
So,

23-b+3¢=2(1+j+k) - (2i—j+3k) +3(i— 2] +k)
23-Db+32=3i-3j+2k

So the unit vector in the direction of 93 _f + 3¢ s,

23— b + 3¢ 3i-3j + 2k

23-b+38 32+ (302 +2

23-b+3¢ 31— 3j+2k
|23 - b + 3¢ V22

This is the unit vector in the direction of 93 _j + 3¢
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17. Question

4i — 2:]'_ 3k and ¢ =j— 2:]'_ k. find a vector of magnitude 6 units which is parallel to the

vector jg_b_LE.

Answer

Vector parallel to 93 — + 32 IS,

If a vector parallel  to other vector, so we can write a scalar multiple of the other so,

d = A(i—2j + 2k)
|a’| — g this is given in the question

|A(i-27+2k)|=6

W1+ (-2)2+22=6

Witat4d=6

;'Lw"g:é
+3A=6
A=+2

So the vector parallel to the 23 — + 3¢ is d = £2(1 — 2] + 2k)
18. Question

Find a vector of magnitude of 5 units parallel to the resultant of the vectorg = 2{ + 3:i _L"; and

b=1-2j+k

Answer
i=21+3-k
b=i—-2]+k

Let resultant vector is ‘R’ so the resultant vector by using the vector triangle law
i+b=R=(21+3j-k)+(i-2j+k)
R=3i+]j

If a vector parallel { to other vector so we can write scalar multiple of the other so,

d=M®)
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d = A(31+ j) has a magnitude of 5 unit so
|d[=5

[A(3i+7§)| =5

AN32+12=5
;'L\,"'ﬁ=5

}L=

-
ﬂm
o

So the vectoris § = %(3’1‘+ i)
J

19. Question

The two vectors J 1 1 and 3{ 1 J 1 41\ represent the sides AR and A—C respectively of triangle ABC. Find the

length of the median through A.

Answer

A B
Let D be the point at which median drawn from A touches side BC.

Let 3 b, and ¢ be the position vectors of the vertices A, B and C.

So position vector of D = B+¢
2

So we creating a vector in the direction of AD

AD = Position vector of D - position vector of A

- b+¢
= 2 a

- b+¢—23
N 2

- b—3+¢—3 AB+AC
N 2 2

AD = (21 +7 +2k)
So length of AD

D) = VEF 2+ 2
|AD| = vo

|AD| =3

Exercise 23.7
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1. Question
Show that the points A, B, C with position vectors g — 2h + 3¢. 2a ~3b —4¢ and —7h = 10¢ are collinear.
Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.

We have been given that,
Position vector of A = 3— 2b + 3¢
Position vector of B = 23 + 3b — 4¢

Position vector of C = —7b + 10¢

So, in this case if we prove that 3§ and B are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A
— AB=(23+3b—48) — (3—2b+ 30)

— AB =23 —3+3b+2b—4¢ - 3¢

~AB=3+5b—7¢

And B( is given by

BC = Position vector of C — Position vector of B

= BC=(—7b+108) — (23 + 3b — 47)

= BC=—23i—7b —3b + 108 + 4¢

— BC = —23— 10b + 14¢

Let us note the relation between 3§ and BC.

We know, BC — —23 — 10b + 14¢

Or BC = —2(3+ 5b — 70)

OrBC=—-2xAB [ AB = 3+ 5b — 7¢]

This relation shows that Ag and B are parallel to each other.
But also, B is the common vector in 35 and BC.

= AR and B are not parallel but lies on a straight line.

Thus, A, B and C are collinear.

2 A. Question

If QEE are non-coplanar vectors, prove that the points having the following position vectors are collinear:
a.b. 3a—-2b

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
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Given that, 3, p and ¢ are non-coplanar vectors.

And we know that, vectors that do not lie on the same plane or line are called non-coplanar vectors.

To Prove: 3, p and 33 — 2p are collinear.

Proof: Let the points be A, B and C.

Then,

Position vector of A = 3
Position vector of B = b
Position vector of C = 33— 2b

So, in this case if we prove that 3§ and B are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A
=2E=(b)- @

= AB=b-3

And B( is given by

BC = Position vector of C — Position vector of B
= BC=(33-2b) - (b)

~BC=33—-2b—b

—BC=33i-3b

Let us note the relation between 35 and B(-

We know, B¢ = 33— 3b

This relation shows that Ag and B¢ are parallel to each other.
But also, g is the common vector in 38 and BC.
= AR and B are not parallel but lies on a straight line.

Thus, A, B and C are collinear.

2 B. Question

If QEE are non-coplanar vectors, prove that the points having the following position vectors are collinear:

+b+c. 4a+3b.10a+7b-2¢

o

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
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Given that, 3, p and ¢ are non-coplanar vectors.
And we know that, vectors that do not lie on the same plane or line are called non-coplanar vectors.
To Prove: 3+ + & 43 + 3b and 103 + 7b — 2¢ are collinear.

Proof: Let the points be A, B and C.

Then,
Position vector of A = 3+ b + ¢
Position vector of B = 43 + 3b

Position vector of C = 103 + 7b — 2¢

So, in this case if we prove that 3§ and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by
AB = Position vector of B — Position vector of A
—AB=(43+3b)- (3+b+d)

—

- AB=43+3b-3-b-¢
—AB=33i+2b-¢

And B( is given by

BC = Position vector of C — Position vector of B
= BC = (103 + 7b — 28) — (43 + 3b)
—BC=103—43+ 7b—3b —2¢

— BC = 63 + 4b — 2¢

Let us note the relation between 35 and B(-
We know, BE = 63 + 4b — 2¢
OrB¢=2(33+2b-0)

OrBC=2xAB [ AB =33+ 2b-¢l

This relation shows that A5 and B are parallel to each other.
But also, § is the common vector in 35 and B¢.

= AR and BC are not parallel but lies on a straight line.

Thus, A, B and C are collinear.

3. Question
Prove that the points having position vectors 1 1 ::i 1 3L 3i 1 4J 1 "L _3,{ — j:i — ﬁL are collinear.
Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.

Let the points be A, B and C having position vectors such that,

Position vector of A =1+ 2j + 3k
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Position vector of B = 3i + 4j + 7k
Position vector of C = —31 — 2j — 5k

So, in this case if we prove that 3§ and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A

= AB = (31+ 4j + 7k) — (i+ 2j + 3K)

= AB=31—1+4j—2j+7k—3k

= AB = 21 + 2j + 4k

And B( is given by

BC = Position vector of C — Position vector of B

= BC = (—31—2j —5k) — (31 + 4j + 7k)

= BC=-3—3i—2j— 4j— 5k— 7k

= BC = —6i — 6] — 12k

Let us note the relation between 3§ and B(-

We know, BC = —6i — 6] — 12k

Or BC = —3(2i + 2j + 4k)

OrBC = —3 x AB [, AB = 21 + 2j + 4kl

This relation shows that Ag and B¢ are parallel to each other.
But also, g is the common vector in 35 and BC.

= AR and BC are not parallel but lies on a straight line.
Thus, A, B and C are collinear.

4. Question

If the points with position vectors 101‘ 1 3J 1gi' — ﬁj and g 1 41 1:i are collinear, find the value of a.
Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
Let the points be A, B and C having position vectors such that,

Position vector of A = 101 + 3j
Position vector of B = 121 — 5j
Position vector of C = ai+ 11j
So, let us find ag and BC-
Therefore, AR is given by

AB = Position vector of B — Position vector of A

= AB = (121 — 5}) — (101 + 3j)
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= AB = 121 — 10i — 5] — 3j

= AB =21 — 8j ---(i)

And B( is given by

BC = Position vector of C — Position vector of B

—

BC

]

(ai+ 117) — (12i—57)

= BC =—ai — 121 + 11j + 5§

= BC = ai — 121 + 16j (i)

Since, it has been given that points A, B and C are collinear.
So, we can write as

BC = AAB

Where A = a scalar quantity

Put the values of g¢ and ag from (i) and (ii), we get
ai— 121+ 16§ = A (21— 8))

= (ai — 121) + 16] = 2A1 — 8Aj

Comparing the vectors j and j respectively, we get
a-12 =2x .. (iii)

and, 16 = -8A

From -8A = 16, we can find the value of A.

-8A =16
A 16

ATy

=>A=-2

Put A = -2 in equation (iii), we get
a-12 =2A

=2a-12 =2(-2)

=2a-12=-4
=sa=-4+12
=a=28

Thus, we have got a = 8.

5. Question

If 2.1 are two non-collinear vectors, prove that the points with position vectors g ~ . a —b and 3 + 2.b are
collinear for all real values of 3_

Answer
Let us understand that, two more points are said to be collinear if they all lie on a single straight line.

Given that, 3 and j; are two non-collinear vectors.

Let the points be A, B and C having position vectors such that,
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Position vector of A= 3+ b

=i}

Position vectorof B=3 —

Position vector of C = 3+ Ab

So, in this case if we prove that 3§ and B are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A

~AB=(i-b)-(3+Db)

—AB=3-3i-b-Db
=:-ﬁ=—21_)}
S = —2B (i)

And B( is given by
BC = Position vector of C — Position vector of B
=BC=(3+2b)-(i-D)

—3—-3+2Ab+b

Al

=
=BC=Ab+Db
Let us note the relation between 35 and B(-

- =

We know, BC = 3b+ b
OrBC=(A+1)b
OrBC = (h+ 1) x — 22 [ from ()]

Or BC = — (22) x AB ...(ii)
2
. A1y .
If A is any real value, then (T) is also a real value.

Then, for any real value (}il) we can write
2

-

From (ii) equation, we can write

BC = —p x AB

This relation shows that A5 and B are parallel to each other.
But also, g is the common vector in 35 and BC-

= AR and B are not parallel but lies on a straight line.

Thus, A, B and C are collinear.

6. Question
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If AO + OB =BO + QC. prove that A, B, C are collinear points.
Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
Given: A0 + 0B = BO + OC

To Prove: A, B and C are collinear points.

Proof: We have been given that,

AG + 0B = BO + OC

Rearrange it so that we get a relationship between Ag and BC.
= A0 —BO = OC — OB

- (~0R) - (~0B) = OC - OB

= OB— OA =0C— OB --()

Now, we know that

AB=B-A

But actually we are doing OB — 0A, such that O is the point of origin so that the difference between the two
vectors is a displacement.

So, AB = OB — 0A ---(ii)

Similarly,B¢ = oC — OB ---(iii)

Substituting equation (ii) & (iii) in equation (i), we get

AB = BC

Thus, this relation shows that Ag and B are parallel to each other.
But also, B is the common vector in A5 and BC.

= AR and B are not parallel but lies on a straight line.

Hence, A, B and C are collinear.

7. Question

Show that the vectors j{ — 3,:i + 4L and _41 + 6:i — 31;- are collinear.

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
We have been given position vectors 2i — 3j + 4k and —4i + 6j — 8k-

Let

A=2i—3j+4k

B = —4i+6j — 8k

Also, let O be the initial point having position vector as

0 = 0i + 0j+ 0k

Now, let us find ga and OB.
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DA is given by

0A = Position vector of A — Position vector of 0
= OA = (21— 3j+ 4k) — (0i+ 0j + OK)

= 0A = 2i—3j + 4k

OB is given by

OB = Position vector of B — Position vector of O
= OB = (—4i+ 6] — 8Kk) — (01 + 0j + 0K)

= OB = —4i + 6] — 8k

We have QR as

-~

OB = —4i + 6] — 8k
= OB = 2(—2i + 3j — 4k)

= OB = —2(2i — 3j + 4k)

= OB= —2 X OA

[, OA = 2i — 3j + 4kl

Thus, this relation shows that ga and QR are parallel to each other.

But also, g is the common vector in ga and JB.

= QA and Qg are not parallel but lies on a straight line.

= A and B are collinear.

Hence, 2i — 3j + 4k and —4j + 6j — gk are collinear.

8. Question

If the points A (m, -1), B (2, 1) and C(4, 5) are collinear, find the value of m.

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
We have been given points:

A (m, -1),B (2, 1) and C (4, 5).

These points are collinear.

Let us define the position vectors as,

Position vector of A= mi—j

Position vector of B =21 +j

Position vector of C = 41 + 5]

Now, we need to find the vectors 38 and BC.
AR is given by

AB = Position vector of B — Position vector of A

= AB=(21+})— (mi—7)
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S AB=2{+j—mi+j

SAB=(2-m)i+2j

And B( is given by

BC = Position vector of C — Position vector of B

= BC = (41 +5)) — (2i+1)

= BC=4i+5-21—j
> BC=4i—2i+5—j
= BC =2i + 4j

Since, A, B, C and D are collinear. We can draw a relation between ag and B(-
AB = ABC

Putting the values of A5 and B¢, we get

= (2—m)i+2j=Ax (21 +4j)

= (2—m)i+ 2] = 2Ai+ 4Aj

Comparing L.H.S and R.H.S, we get

2-m=2A

And 2 = 4A

We need to find the value of A in order to find m.

We have

2 =4\

ik
b
Il

4

P

[l
[N I N N

Putting the value of A in equation (2 - m) = 2A
2 2 L
= L4 M=4X—
2

=22-m=1

>m=2-1

>m=1

Thus, the value of m = 1.

9. Question

Show that the points (3, 4), (-5, 16), (5, 1) are collinear.

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
Let the points be A (3, 4), B (-5, 16) and C (5, 1).

Let

Position vector of A = 31 + 4j
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Position vector of B = —51 + 16
Position vector of C= 51 +7§

So, in this case if we prove that 3 and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A
= AB = (=51 + 16§) — (31 + 4)

= AB = —5i + 16j — 31 — 4j

= AB = —5i — 31 + 16] — 4j

= AB = —81 + 12§

And BC is given by

BC = Position vector of C — Position vector of B

= BC = (51 +{) — (—51 + 16§)

= BC = 5i+j+ 51 — 16j
= BC =5i+ 51 +j— 16j

= BC = 10i — 15j

Let us note the relation between 35 and B(-

We know, BC = 10i — 15j

Or BC = 5(2i — 3f) (i)

And we know, A = —8i + 12j

Or AB = —4(2i — 3f)

Or (21— 3j) = _Ef ... (i)

Substituting the value of 2i — 3j in equation (i), we get

AB
4

3l
%1

x_

- BC=— g x AB

This relation shows that Ag and B¢ are parallel to each other.
But also, B is the common vector in 35 and BC.

= AR and B¢ are not parallel but lies on a straight line.

Thus, A, B and C are collinear.

10. Question

If the vectors ;i. = 2{ - 3:i and E = _6{ + Ill:i are collinear, find the value of m.

Answer
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Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
We have the position vectors as,

Position vector ofa = 21 — 3j

Position vector of b = —61 + mj

Since, a and b are collinear. We can draw a relation between 3 and .

—

i=2
Putting the values of 3 and 1, we get

= 21— 3] = A x (—6I+mj)

= 21— 3] = —6A1 + mi]j

Comparing L.H.S and R.H.S, we get

2 =-6A

And -3 = mA

We need to find the value of A in order to find m.

We have

2 =-6A

Putting the value of A in equation -3 = mA

3 1
= -—3=-mxc
3

=>m=3X3

=>m=29

Thus, the value of m = 9.
11. Question

Show that the points A (1, -2, -8), B (5, 0, -2) and C(11, 3, 7) are collinear, and find the ratio in which B
divides AC.

Answer
We have been given the points A (1, -2, -8), B (5, 0, -2) and C (11, 3, 7).
We need to show that A, B and C are collinear.

Let us define the position vector.
Position vector of A= i—2j — 8k
Position vector of B = 5i — 2k

Position vector of C = 11i+ 3j + 7k

So, in this case if we find a relation between Ag, BC and AC, then we can easily show that A, B and C are
collinear.

Therefore, AR is given by
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AB = Position vector of B — Position vector of A
= AB = (51— 2k) — (i— 2j— 8k

= AB=5i—2k—1+2j+8k

= AB=5i—1+2j—2k+8k

= AB = 4i + 2j + 6k

And B( is given by

BC = Position vector of C — Position vector of B

= BC = (11i + 3j+ 7k) — (51 — 2k)

&l
Il
'_'A
Eo)

+2

—3

= 1i+3j+7k—5

—

—=BC=11i—5i+3j+ 7k + 2

=

= BC = 61+ 3j+ 9k

And A( is given by

AC = Position vector of C — Position vector of A
= AC = (111 + 3j + 7k) — (i— 2j — 8Kk)

= AC=111—1+ 3]+ 2j+ 7k + 8k

= AC = 10i + 5j + 15k

Let us add Ag and B¢, we get

AB + BC = (41 + 2j + 6k) + (6i+ 3] + 9Kk)

= AB + BC = 4i + 61 + 2j + 3j + 6k + 9k
= AB + BC = 10i + 5] + 15k

= AB +BC = AC

Thus, clearly A, B and C are collinear.

We need to find the ratio in which B divides AC.

Let the ratio at which B divides AC be A : 1. Then, position vector of B is:
11A+1 3A-2 TA—8\

( A+ 1 )T+(J\+1)T+ (;\+ 1)k

But the position vector of B is 5 — 2.

So, by comparing the position vectors of B, we can write

(11)L+ 1)
A+1

(33&—2)_0
A+1/

(75\—8)_ 5
A+1/

Solving these equations separately, we get
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(11)L+ 1)
A+1

=>1IA+1=5A+1)
=1IA+1=5A+5
=>11IA-5A=5-1
=>6A=4

= A=

Wl o oW

= A=
The ratio at which B divides ACis A : 1.
Since, =§

We can say

.1121
1=

Solving it further, multiply the ratio by 3.

2
.7\:1=§><3:1><3

=>A:1=2:3
Thus, the ratio in which B divides AC is 2 : 3.
12. Question

Using vectors show that the pointsA(-2, 3, 5), B(7, 0, 1) C(-3, -2, -5) and D(3, 4, 7) are such that AB and CD
intersect at the point P(1, 2, 3).

Answer
We have been given the points A(-2, 3, 5), B(7, 0, 1), C(-3, -2, -5), D(3, 4, 7) and P(1, 2, 3).
Let us define it position vectors.

So,

Position vector of A = —2i + 3j + 5k
Position vector of B= 71 + k
Position vector of C = —3i — 2j — 5k
Position vector of D = 31 + 4§ + 7k

Position vector of P = i+ 2j + 3k
Now, we need to show that AB and CD intersect at the point P.

For this, if we prove that A, B and P are collinear & C, D and P are collinear so that P is the common point
between them and we can show that AB and CD intersect at P.

Let us find position vector of AP and PB.
AP = Position vector of P — Position vector of A
= AP =(1+2j+3k) — (—2i+3)+5Kk)

= AP =i+ 2i+2j— 3]+ 3k— 5k
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> AP=3i—-j-2k

And

PB = Position vector of B — Position vector of P
=PB=(71+k) - (i+2j+ 3Kk
=PB=7i—i-2j+k-3k

= PB = 61— 2j— 2k

Now, we can draw out a relation between aAp and PE.
We know, PB = 6i — 2j — 2k
= PB=2(3i—-j—k)

= PB = 2 x AP

This relation clearly shows that Ap and pg are parallel.

And since, P is the common point between them, we can say that these vectors ap and pg are actually not
parallel but lie on a straight line.

= Points A, P, B are collinear
[", Two more points are said to be collinear if they all lie on a single straight line.]

Now let us find the position vector of CP and PD.

CP = Position vector of P — Position vector of C

= CP=(1+2j+3k)—(-31—2{ - 5K

= CP=1+31+2j+2j+3k+5k

= CP =4i+ 4j + 8k

And

PD = Position vector of D — Position vector of P

= PD = (31 + 4j+ 7k) — (i+ 2+ 3k)
=PD=31—1+4j—2j+7k -3k

= PD = 2i + 2j + 4k

Now, we can draw out a relation between ¢p and pp.
We know, TP = 4i + 4j + 8k

= CP = 2(2i + 21 + 4i)

= CP=2XxPD

This relation clearly shows that cp and pp are parallel.

And since, P is the common point between them, we can say that these vectors ¢p and pp are actually not
parallel but lie on a straight line.

= Points C, P and D are collinear.
[", Two more points are said to be collinear if they all lie on a single straight line.]

Since, we know that A, P, B and C, P, D are collinear separately.
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Note that, P is the common point between the two pairs of collinear points.

Thus, AB and CD intersect each other at a point P.

13. Question

Using vectors, find the value of }_ such that the points (}-..—10.3}. (1, -1, 3) and (3, 5, 3) are collinear.

Answer

Let the points be A (A, -10, 3), B (1, -1, 3), C (3, 5, 3).
Let us define the position vectors of A, B and C.
Position vector of A = Ai — 10j + 3k

Position vector of B=1— j + 3k

Position vector of C = 3i + 5j + 3k

Then,

AB = Position vector of B — Position vector of A
= AB = (1—j+3Kk) — (Ai— 10j + 3Kk)

= AB=1-Ai—j+10j+3k -3k

= AB=(1-Ni+9j

And

AC = Position vector of C — Position vector of A
= AC = (31 + 5] + 3k) — (Ai — 10j + 3K)

= AC = 31 — Ai + 5§ + 10j + 3k — 3k

= AC = (3 - N)i+ 15

And since, A, B and C are collinear.

Then, it has a relation as such

AB = KAC, Where k is scalar quantity.

= (1-Mi+9] =Kk[(3 — )i+ 15]]

= (1-M)i+9 =k(3—-A)i+ 15K

Comparing the coefficients of { and j- We get
1-A=k(3-A)

And 9 = 15k

First, we need to find the value of k.

So take 9 = 15k

=k=

= k=

] w ;|@

Substitute the value of kin (1 - A) = k (3 -A)
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3
=1-1=2(3-})
=5(1-A) =3(3-7)
~5-5A=9- 3\
~5A-3A=5-9

=2>2A=-4

2 4
AT
=>A=-2

Hence, the value of A is -2.

Exercise 23.8

1 A. Question

Show that the points whose position vectors are as given below are collinear :

2i+j-k3i-2j+k and { +4j-3k

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
Let us assume points to be A, B and C such that

Position vector of A= 21 +j — k

Position vector of B = 3i — 2j + k

Position vector of C = i + 4j — 3k

Then, we need to find 38 and BC.

AB = Position vector of B — Position vector of A

-~

= AB=(31-2j+k) - (2i+]-kK

> AB=31-2i—-2j—-j+k+k

= AB=1-3j+2k

And

BC = Position vector of C — Position vector of B
=BC=(i+4j—3k)- (3i—-2j+k)

J—, -

=>BC=1—-31+4j+2j -3k -k

= BC = —2i + 6] — 4k

Now, we need to draw a relation between 35 and B(.
We know that,

BC = —2i + 6] — 4k

Or BC = —2(i— 3j + 2K)

OrBC = —2 x AB
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This relation shows that Ag and B( are parallel to each other.
But since, B is the common point in AB and BC.

= AB and BC actually lies on a straight line.

Thus, A, B and C are collinear.

1 B. Question

Show that the points whose position vectors are as given below are collinear :
3i+2j+4k.i+j+k and —j+4j-2k

Answer

Let us assume points to be A, B and C such that

Position vector of A = 31 — 2j + 4k

Position vectorof B=1+j+k

Position vector of C = —i + 4j — 2k

Then, we need to find A and BC.

—_—

AB = Position vector of B — Position vector of A

e

> AB=-2i+3j-3
And

BC = Position vector of C — Position vector of B
=BC=(-1+4—2k)-(1+j+k)
-BC=-i-i+4j—-j-2k—k

= BC=-2i+3]-3k

Now, we need to draw a relation between ag and B(.

We know that,

BC = —2i + 3j — 3k

—_—

'B

o
O
Il
=l

OrBC = 1 xAB

This relation shows that AR and B are parallel to each other.
But since, B is the common point in AB and BC.

= AB and BC actually lies on a straight line.

Thus, A, B and C are collinear.

2 A. Question

Using vector method, prove that the following points are collinear.
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A(6, -7, -1), B(2 -3, 1) and C(4, -5, 0)

Answer

Let us understand that, two more points are said to be collinear if they all lie on a single straight line.
Given: A (6, -7, -1),B (2, -3, 1) and C (4, -5, 0).

To Prove: A, B and C are collinear.

Proof:

Let us define position vectors. So,

Position vector of A= 61— 7] — k

Position vector of B = 2i — 3j + k

Position vector of C = 41 — 5§

So, in this case if we prove that 3§ and B are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

—_—

AB = Position vector of B — Position vector of A

= AB=(21-3j+k)— (61— 7] — k)

= AB=2i—-6i—-3j+7j+k+k

= AB = —4i +4j + 2k

And B is given by

BC = Position vector of C — Position vector of B

= BC = (4i—5f) — (21 — 3] + k)

= BC=4i—2i—5j+3j—k

= BC=2i—2j—k

Let us note the relation between 3§ and BC.

We know, AB = —4i + 4j + 2k

OrAB = —2(2i—2j—k)

OrAB = —2 x BC [/ BC = 21 — 2j — k!

This relation shows that AR and B are parallel to each other.
But also, B is the common vector in A5 and BC.

= AR and BC are not parallel but lies on a straight line.

Thus, proved that A, B and C are collinear.

2 B. Question

Using vector method, prove that the following points are collinear.
A(2, -1, 3), B(4,3,1)and C(3, 1, 2)

Answer

Given: A (2, -1, 3),B (4, 3,1)and C (3, 1, 2).
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To Prove: A, B and C are collinear.
Proof:

Let us define position vectors. So,

s

Position vectorof A= 21 —j+3
Position vector of B = 4i + 3j + k
Position vector of C = 3i +§ + 2k

So, in this case if we prove that 3§ and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

—_—

AB = Position vector of B — Position vector of A
= AB = (4i+ 3] +k) — (21 —j + 3Kk)

= AB=4i-21+3j+j+k-3k

= AB =21+ 4j — 2k

And B( is given by

BC = Position vector of C — Position vector of B
=BC=(31+j+2k) - (4i+3j+k)

-~

3i—4i+j-3+2k—k

a3l
I

-
=>BC=-i-2j+k

Let us note the relation between 3§ and B(-

We know, AB = 2i + 4j — 2k

OraB = —2(-i-2j+k)

OrAB = —2 xBC [, BC = —i—2j+ &

This relation shows that Ag and B are parallel to each other.
But also, B is the common vector in 35 and BC.

= AR and B are not parallel but lies on a straight line.

Thus, proved that A, B and C are collinear.

2 C. Question

Using vector method, prove that the following points are collinear.
A(1, 2, 7), B(2, 6, 3) and C(3, 10 -1)

Answer

Given: A(1,2,7),B(2,6,3)and C (3, 10, -1).

To Prove: A, B and C are collinear.

Proof:

Let us define position vectors. So,

Position vector of A = 1+ 2j + 7k
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Position vector of B = 2i + 6j + 3k

-~

Position vectorof C= 31+ 10j — k

So, in this case if we prove that 3§ and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

—_—

AB = Position vector of B — Position vector of A

= AB = (21 + 6] + 3k) — (i + 2j + 7k)

Er

> AB=2i+6j+3k—1-2]—7
= AB=2i—1+6]—2j+3k—7k

= AB =1+ 4j— 4k

And B( is given by

BC = Position vector of C — Position vector of B

= BC = (31 + 10§ — k) — (21 + 6§ + 3k)

a3l
I
[#5]

= i+10j—k—2i—6)—3k

a3l
Il
o

= 3i—21+10f—6j—k—3
= BC =1+ 4j— 4k

Let us note the relation between 35 and B(-

We know, BC = 1 + 4j — 4k

OrBC = AB

This relation shows that Ag and B( are parallel to each other.

But also, g is the common vector in 35 and BC.

= AR and B are not parallel but lies on a straight line.

Thus, proved that A, B and C are collinear.

2 D. Question

Using vector method, prove that the following points are collinear.
A(-3, -2, -5), B(1, 2,3) and C(3, 4, 7)

Answer

Given: A (-3, -2,-5),B (1, 2,3)and C (3, 4, 7).

To Prove: A, B and C are collinear.

Proof:

Let us define position vectors. So,
Position vector of A = —3i — 2j — 5k
Position vector of B =1 + 2j + 3k

Position vector of C = 3i + 4j + 7k
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So, in this case if we prove that 3 and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.

Therefore, AR is given by

AB = Position vector of B — Position vector of A
= AB = (i+ 2j +3k) — (=31 — 2j — 5k)

= AB =i+ 2j+ 3k+3i+2j+5k

= AB =1+ 31+2j+2j+3k+5k

= AB = 4i + 4j + 8k

And B( is given by

BC = Position vector of C — Position vector of B

= BC=(31+4j+7k) — (i+2j+3Kk)

= BC=3i+4j+7k—1-2j-3k
> BC=31—-1+4j-2j+7k -3k

= BC=2i+2j+ 4k

Let us note the relation between a5 and B(-

We know, AB = 4i + 4j + 8k

Or AB = 2(2i+ 2j + 4k)

Or AB = 2 x BC [/ BC = 21 + 2j + 4k!

This relation shows that Ag and B¢ are parallel to each other.
But also, B is the common vector in 35 and BC.

= AR and B are not parallel but lies on a straight line.

Thus, proved that A, B and C are collinear.

2 E. Question

Using vector method, prove that the following points are collinear.
A(2,-1,3),B(3,-5 1)and C (-1, 11, 9).

Answer

A(2,-1, 3),B(3,-5,1)and C(-1, 11, 9).

To Prove: A, B and C are collinear.

Proof:

Let us define position vectors. So,
Position vector of A = 2i —j + 3k
Position vector of B = 3i — 5] + k
Position vector of C = —i + 11j + 9k

So, in this case if we prove that 3§ and B¢ are parallel to each other, then we can easily show that A, B and
C are collinear.
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Therefore, AR is given by

AB = Position vector of B — Position vector of A

-~

= AB = (31— 5] +k) — (21— + 3k)

s

> AB=31—-5j+k—2i+j-3
> AB=31—-2i-5j+j+k-3k

> AB=1-4j- 2k

And B( is given by

BC = Position vector of C — Position vector of B
= BC=(-1+11j+9k) — (31— 5] +k)

> BC=-i+11j+9% —3i+5 -k

= BC=-1—3i+11j+ 5]+ 9k — k

= BC = —4i + 16 + 8k
Let us note the relation between 35 and B¢.
We know, BC = —4i + 16j + 8k

Or BC = —4(i— 4j — 2k)

o

OrBC=—-4xAB[" AB=1—4j—2
This relation shows that AR and B¢ are parallel to each other.
But also, B is the common vector in A5 and BC.

= AR and BC are not parallel but lies on a straight line.

Thus, proved that A, B and C are collinear.

3 A. Question

If 3.h.c are non-zero, non-coplanar vectors, prove that the following vectors are coplanar :

Sa+6b+7c.7a—8b+9¢ and 33 +20b +5¢
Answer

Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors

The three vectors are coplanar if one of them is expressible as a linear combination of the other two.

We have been given that, 53 4 b + 7& 73 — 8b + 9¢ and 33 + 20b + 5¢

We can form a relation using these three vectors. Say,
53 + 6b + 7¢ = x(73 — 8b + 9¢) + y(33 + 20b + 50)

= 53+ 6b + 7¢ = 7x3 — 8xb + 9xC + 3y3 + 20yb + 5y

= 53+ 6b + 7€ = (7x + 3y)3 + (—8x + 20y)b + (9x + 5y)¢
Compare the vectors 3, i and ¢. We get

5=7x+ 3y..(1)
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6 = -8x + 20y ...(2)

7 =9x + 5y ...(3)

Solving equations (1) and (2) for x and y.

Equation (1), 7x + 3y =5

Equation (2), -8x + 20y = 6

Multiply equation (1) by 8 and equation (2) by 7, we get
7x+3y=5[x8

-8x + 20y =6[x7

We get

56x + 24y = 40

-56x + 140y = 42
0 + 164y = 82

= 164y = 82
82

T 164
41

=¥

1

Puty = 5 in equation (2), we get
8x + 20(1) 6
—oX J— —
2

=-8x+10=06

=-8x=6-10
=-8x =-4
=8x =4

4
= X=—

8

1
= X=—

2

Substituting x = 5 andy = 5 in equation (3), we get

7 = 9x + 5y
Or9x +5y =17

~9(3) ()=
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=14 = 14

“, LLHS =R.H.S

= The value of x and y satisfy equation (3).

Thus, 53 + 6b + 7¢ 73 — 8b + 9¢ and 33 + 20D + 5¢ are coplanar.

3 B. Question

If 3.h.c are non-zero, non-coplanar vectors, prove that the following vectors are coplanar :

—_ —

a—2b+3c.a—-3b+5c and —23+3b—4c
Answer
We have been given that, 3 — 2h + 3% —3b + 5¢ and —23 + 3p — 4¢

We can form a relation using these three vectors. Say,

—

3—2b+32=x(—3b+50¢) +y(—23 + 3b— 47)

= 3— 2D + 3¢ = —3xb + 5xC— 2y3 + 3yb — 4yt

= 3—2b+38 = —2y3 + (—3x + 3y)b + (5x — 4y)¢
Compare the vectors 3, i and ¢. We get
1=-2y..(1)

-2 =-3x + 3y ...(2)

3=5x-4y...(3)

Solving equation (1) fory,

Equation (1), -2y =1

Puty = —g in equation (2), we get

3+3( 1) 2
X 2—

—3x—— = —2
= X 5

—6x—3
5 =
=2-6x-3=-2X%X2

=

> -6x-3=-4

=-6x=-4+3

Substituting x = é and y = _i in equation (3), we get

3=5x-4y
Or5x -4y =3
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173
=:-6_

But g =3

", L.H.S # R.H.S

= The value of x and y doesn’t satisfy equation (3).

Thus, 3 — 2h + 38 3 — 3b + 52 and —_23 + 3h — ag are not coplanar.
4. Question

Show that the four points having position vectors .51T — "J 1.51T _193 — 4L3_] — 5L 2{ — ﬁj 1 10}} are
coplanar.

Answer
Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors
The three vectors are coplanar if one of them is expressible as a linear combination of the other two.

Let the four points be denoted be P, Q, R and S for i — 7j, 161 — 19§ — 4k 3j — 6k and 2i — 5§ + 10k
respectively such that we can say,

Position vector of P = 61 — 7]

Position vector of Q = 161 — 19j — 4k

Position vector of R = 3j — 6k

Position vector of S = 2i — 5] + 10k

Let us find PQ, PR and ps.

So,

ﬁi = Position vector of Q — Position vector of P
= PQ = (161 — 19§ — 4k) — (61— 7))

= PQ = 161 — 19] — 4k — 61 + 7j

= PQ = 161 — 61 — 19§ + 7 — 4k

= PQ = 10i — 12§ — 4k

Also,

PR = Position vector of R — Position vector of P
= PR = (3] — 6k) — (61— 7))

= PR=3j— 6k—61+7j
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= PR =—6i+3j+7j— 6k
= PR = —6i + 10j — 6k
And,

PS = Position vector of S — Position vector of P

—

= PS = (21— 5]+ 10k) — (61— 77)

—

P
PS
P

U

2i — 5j+ 10k — 61 + 7]

—

2i — 61— 5§+ 7j + 10k

1
A
Il

—

= PS = —4i + 2j + 10k

Now, we need to show a relation between pg, PR and Ps.

So, PQ = xPR + yPS

= 101 — 12§ — 4k = x(—61 + 10 — 6k) + y(—4i + 2§ + 10k)

= 10i — 12j — 4k = —6x1 + 10xj — 6xk — 4yi + 2yj + 10yk

= 10i — 12§ — 4k = (—6x — 4y)1 + (10x + 2y)j + (—6x + 10k
Comparing coefficients of §, j and k, we get

-6x - 4y = 10 ...(i)

10x + 2y = -12 ...(ii)

-6x + 10y = -4 ...(iii)

For solving equation (i) and (ii) for x and y, multiply equation (ii) by 2.
10x + 2y =-12[x 2

= 20x + 4y = -24 ...(iv)

Solving equations (iv) and (i), we get

20x + 4y = -24
-bx — 4y = 10
14x + 0 = -14

= 14x = -14

14
14

=X=
=>x=-1

Put x = -1 in equation (i), we get
-6(-1) -4y =10

=26-4y =10

=-4y =10-6

=>-4y =4

4

=y =-1

Substitute x = -1 and y = -1 in equation (iii), we get
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-6x + 10y = -4
= -6(-1) + 10(-1) = -4

=26-10=-4
=-4=-4
“, LH.S=R.H.S

= The value of x and y satisfy equation (iii).

Thus, 61 — 7§, 161 — 19§ — 4k, 3j — 6k and 2i — 5j + 10k are coplanar.
5 A. Question

Prove that the following vectors are coplanar :
2i-j+k.i—3j-5k and 3j—4j—4k

Answer

Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors

The three vectors are coplanar if one of them is expressible as a linear combination of the other two.

We have been given that, 21 —j + k. § — 3§ — 5k and 3f — 4j — 4k
We can form a relation using these three vectors. Say,
21—+ k= x(1— 3 — 5k) + y(31 — 4§ — 4k)

= 21 —j+k =xi—3xj — 5xk + 3yl — 4y] — 4yk

= 2i—j+k=(x+3y)i+ (—3x— 4y)j + (—5x — 4y)k
Comparing coefficients of §, j and z, we get
2=x+3y...(1)

-1 =-3x-4y...(2)

1=-5x-4y...(3)

Solving equations (1) and (2) for x and y.

Equation (1), x + 3y = 2

Equation (2), -3x -4y = -1

Multiply equation (1) by 3.

X+3y=2[x3

=3x + 9y =6 ...(4)

Solving equations (4) and (2), we get

X +9y =6
-3x-4y=-1
0+5y=>5
=5y =5

5

=2y=1

Puty =1 in equation (1), we get
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2=Xx+ 3y

=>x+3(1) =2
=2>x=2-3
=>x=-1

Substituting x = -1 and y = 1 in equation (3), we get
-5x -4y =1
=-5(-1)-4(1)=1

=25-4=1
*, L.H.S = R.H.S

= The value of x and y satisfy equation (3).
Thus, 2i —j + k i — 3j — 5k and 3i — 4j — 4k are coplanar.
5 B. Question

Prove that the following vectors are coplanar :
i+j+k.2i+3j—k and —j—2j+2k

Answer

We have been given that, § +j + k. 2i + 3j — kand —i — 2j + 2k-
We can form a relation using these three vectors. Say,
T+7+k=x(21+3]—k) +y(-1—2j + 2k)

= i+7j+k = 2xi + 3xj —xk — yi — 2yj + 2yk
=i+j+k=(2x— i+ Gx—20)j+ (—x+2yk
Comparing coefficients of §, j and k, we get
1=2x-y..(1)

1=3x-2y...(2)

1=-x+2y...(3)

Solving equations (1) and (2) for x and y.

Equation (1), 2x -y =1

Equation (2), 3x -2y =1

Multiply equation (1) by 2.

2x-y=1[x2

=4x -2y =2 ...(4)

Solving equations (4) and (2), we get

A — 2y = 2
x-2y=1
=) (+) (=)
x+0=1
=2x=1
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Put x = 1 in equation (1), we get

l1=2x-y
=2>1=2(1)-y
=21=2-y
s>y=2-1
s>y=1

Substituting x = 1 and y = 1 in equation (3), we get
l1=-x+2y

Or-x+2y=1

=>-(1)+2(1) =1

=2-1+2=1

=21=1

", LLH.S =R.H.S

= The value of x and y satisfy equation (3).

Thus, i +§+k 21 +3j — kand —f — 2§ + 2kare coplanar.
6 A. Question

Prove that the following vectors are non-coplanar :

3i+j-k.2i—j+7k and 7i+j+23k

Answer

Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors
The three vectors are coplanar if one of them is expressible as a linear combination of the other two.
We have been given that, 31 +§ — k. 21 —j + 7k and 7{ —j + 23k

We can form a relation using these three vectors. Say,
3i+]—k=x(21—7+7k) + y(71 -]+ 23k )

= 3i+]—k=2x1 —xj+ 7xk + 7yi — yj + 23yk

= 3i+j—k=(2x+ 7y)i+ (—x— y)j+ (7x + 23y)k

Comparing coefficients of §, j and k, we get

3=2x+ 7y ...(1)

l=-x-y..(2)

-1 =7x+ 23y ...(3)

Solving equations (1) and (2) for x and y.

Equation (1), 2x + 7y =3

Equation (2), -x-y =1

Multiply equation (2) by 2.

X-y=1[x2

=-2x-2y =2 ...(4)
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Solving equations (4) and (1), we get

22X+ 7y =23
—2x -2y =2
0+5y=5
=5y =5

5
=:-y—5
=y=1

Puty = 1 in equation (2), we get

l=-x-y
=1=-x-(1)
=21=-x-1
=>x=-1-1
=X =-2

Substituting x = -2 and y = 1 in equation (3), we get
-1 =7x+ 23y

Or7x + 23y =-1

=7(-2) +23(1)=-1

=-14+23=-1

=29 =% -1

~, L.H.S # R.H.S

= The value of x and y doesn’t satisfy equation (3).
Thus, 3§ +§ — k 21 —j + 7k and 7i —j + 23k are not coplanar.
6 B. Question

Prove that the following vectors are non-coplanar :
i+2j+3k.2i+j+3k and i + j+k

Answer

We have been given that, § + 2§ + 3k, 21 +j + 3kand i +j+ k-
We can form a relation using these three vectors. Say,
1+2j+3k=x(2i+]+3k) +y(i+]+k)

= 1+2]+3k =2xi +xj +3xk+ yi +yj + ¥k
=1+2j+3k=2x+y)i+ (x+y)j+(Bx+yk
Comparing coefficients of §, j and k, we get
1=2x+Yy...(1)

2=x+Yy..(2)

3=3x+y...(3)

Solving equations (1) and (2) for x and y.
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Equation (1), 2x +y =1

Equation (2), x +y =2

2x+y=1
X+y=2
=)= ()
Xx+0=-1
=X =-1

Put x = -1 in equation (2), we get

2=x+y
=2=(1)+y
>y=2+1
>y=3

Substituting x = -1 and y = 3 in equation (3), we get
3=3x+y

Or3x+y=3

=3(-1)+(3)=3

=-3+3=3
=20=3
“, L.LH.S # R.H.S

= The value of x and y doesn't satisfy equation (3).
Thus, § 4+ 2j + 3k 21 +j+ 3k and { + j + k are not coplanar.
7 A. Question

If QEE are non-coplanar vectors, prove that the following vectors are non-coplanar :

2a-b+3c.a+b-2candz+b-3¢c
Answer

Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors

The three vectors are coplanar if one of them is expressible as a linear combination of the other two.

—

We have been giventhat, 23 _h + 38 3+b— 280and3+p — 3¢
We can form a relation using these three vectors. Say,
23-b+3t=x(3+b—-20) +y(E+Db-30)

= 23— Db+3¢=x3+xb—2xC+ya+ yb—3yc

= 23— b+3F=(x+y)3+ (x+y)b+ (—2x — 3y)¢

Compare the vectors 3, E’ and ¢. We get

2=x+y..(1)

-l=x4+vy..(2)

3=-2x-3y...(3)
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Solving equations (1) and (2) for x and y.
Equation (1), x +y =2

Equation (2), x+y =-1

We get
X+y=2
X+y=-1
(-1) (1) (+)
0+0=3

The value of x and y cannot be found so it won’t satisfy equation (3).
Thus, 23 — b+ 38 3+ b — 22and 3 + p — 3¢ are not coplanar.
7 B. Question

If 3.bh.c are non-coplanar vectors, prove that the following vectors are non-coplanar :

a+2b+3c.2a+b+3cand z1h+c

Answer

We have been given that, 3 + 9b + 38 23 +b + 3cand 3 +b + &
We can form a relation using these three vectors. Say,
A+2b+3¢=x(28+b+38) +y(E+b+0)

=3+ 2b+38=2x3 +xb +3xC +ya + yb + ¥

=3+ 2b+38=(2x+y)3+ (x+y)b + (3x + y)¢
Compare the vectors 3, i and ¢ We get
1=2x+Yy...(1)

2=x+y..(2)

3=3x+y...(3)

Solving equation (1) and (2) for x and vy,

2x+y=1
X+y=2

Put x = -1 in equation (2), we get

=22=X+Yy
=22=-1+y
=2y=2+1
>y=3

Substituting x = -1 and y = 3 in equation (3), we get
3=3x+y
Or3x+y=3
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=3(-1)+3=3

=-3+3=3
=20=3
*, L.LH.S # R.H.S

= The value of x and y doesn’t satisfy equation (3).

Thus, 3 +2b + 3% 23+ b + 32and 3+ + g are not coplanar.

8. Question

Show that the vectors 5 E E givenby 5 = 1 + 2} + 3,L E = 21‘ _:i + 3,1:; and E = 1 + J _1;- are non-coplanar.
Express vector a = 2{ _:]'_ 31;- as a linear combination of the vectors 5 B and E

Answer

Vectors parallel to the same plane, or lie on the same plane are called coplanar vectors

The three vectors are coplanar if one of them is expressible as a linear combination of the other two.

Given that

=

il
Il

i+2+3

ol
Il
(]
—
+
—
+
[F5]
ol

=il
Il
—3
_I_
—
+
bl

Let

3 =xb+yt

=1+2]+3k=x(2i+]+3k) +y(i+j+ kK

= 1+2]+3k =2xi +xj +3xk+ yi +yj + ¥k

= i+2j+3k = (2x+ )i+ x+y)j+ 3x+ yk
Comparing the coefficients of 1, j and iz, we get
1=2x+Yy...(1)

2=x+y..(2)

3=3x+y..(3)

Solving equation (1) and (2), we get

2x+y=1
X+y=2
(1) ()

x+0=-1

=>x=-1

Substitute x = -1 in equation (2), we get

2=Xx+Yy
=2=-1+y
=2y=2+1
>y=3
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Put x = -1 and y = 3 in equation (3), we get
3=3x+Yy

=3 =3(-1)+3

=23=-3+3

=23=0

-~ L.H.S # R.H.S

= The value of x and y doesn’t satisfy equation (3).
Thus, 3 =i+ 2j+ 3k b = 2i+j+3kand ¢ =i+ j+kare not coplanar.

Let { be depicted as,

d=x@+yb+zt--™

Substitute the value of 3, j;, ¢ and .

2i—j—3k=x(i+ 2]+ 3k) + y(21 +]+ 3k) + z(i+ ]+ k)

= 2i —j— 3k = xi + 2xj + 3xk + 2yi + yj + 3yk + zi + zj + zk
=2i-j-3k=(x+2y+2i+(2x+y+2)j+3x+3y+2)k
Comparing the coefficients in i, j and f;, we get
2=Xx+2y+2z..(1)

S1l=2x+y+2z...(2)

-3=3x+3y+2z..(3)

From equation (1),

2=X+2y+2z

=2z2=2-X-2y...(4)

Putting the value of z from equation (4) in equations (2) & (3), we get
From equation (2),

-l=2x+y+z

=2-1=2Xx+y+ (2-x-2y)

=2-1=2Xx+y+2-x-2y

22X-X+y-2y=-1-2

=>Xx-y=-3...(5)

From equation (3),

-3=3x+3y+z

=-3=3x+ 3y +(2-x-2y)

=2-3=3Xx+3y+2-x-2y

=23X-X+3y-2y=-3-2

22X +y=-5...(6)

Solving equation (5) and (6), we have
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=-8-3y=-9
=>3y=9-8
=23y=1
1
=:-y—3
Now, substitute x = _g andy = % inz=2-x-2y, we get
2-(-3)-2(3)
=z= 3 3
2+8 2
=z= 373
2422
=7 = _—
3
6+8-—2
=z= 3
6+6
=F=—
3
12
=:-z—3
=z=4
8 1 _
Wehavegotx=_§,y=§andz—4.

Put these values in equation (*), we get

d ( 8)*+(1)E+4*
=73/ \3 ¢
Thus, we have found the relation.

9. Question

Prove that a necessary and sufficient condition for three vectors 5 E and E to be coplanar is that there exist

scalars |.m.n not all zero simultaneously such that 15 + mﬁ + 115 =0.

Answer
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Given: The vectors 3,  and ¢.

To Prove: (a). Necessary condition: The vectors 3, E’ and ¢ will be coplanar if there exist scalar I, m, n not all
zero simultaneously such that |3 + mb + nét = 0-

(b). Sufficient condition: For vectors 3, E’ and ¢, there exist scalar I, m, n not all zero simultaneously such that
I3+ mb+né =0
Proof:

(a). Necessary condition: Let 3, j; and ¢ are three coplanar vectors.

Then, one of them can be expressed as a linear combination of the other two.
Then, let 2 — x3 + yb

Rearranging them we get,

xa+yb—2t=0

Here, let

x =

y=m

-1=n

We have,

I3+mb+nZ=0

Thus, if 3, i and ¢ are coplanars, there exists scalar |, m and n (not all zero simultaneously zero) such that
13+mb+né=0

. necessary condition is proved.

(b). Sufficient condition: Let 3, E’ and ¢ be three vectors such that there exists scalars |, m and n not all

simultaneously zero such that |3 + mb + né = 0-

I3+mb+né=0
=nt=-13—mb
Now, divide by n on both sides, we get

.

n¢ —la—mb

==
n n

1 my —
si=(—-)a-(2)5

n n
Here, we can see that
¢ is the linear combination of 3 and .
= Clearly, 3,  and ¢ are coplanar.

. sufficient condition is also proved.
Hence, proved.

10. Question

Show that the four points A, B, C and D with position vectors 5 B E and a respectively are coplanar if and

only if 33 —2b+c—2d =0
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Answer

Given that,

Position vector of A= 3
Position vector of B = ﬁ
Position vector of C = ¢

Position vector of D = 3

=

Let A, B, C and D be coplanar.

As we know that, the vectors 3, E’ ¢ and a’ will be coplanar if there exist scalar x, y, z, u not all zero
simultaneously such that x3 + yb + z¢ + ud = 0-

Then, we can write

Xa+yb+zi+ud=0

Where, (x +y+z+u)=0

Provided x, y, z, u are scalars not all simultaneously zero.
letx=3,y=-2,z=1andu=-2

So, we get

=33i-2b+E-2d=0

Thus, A, B, C and D are coplanar if33 — 2 + ¢ — 2d = 0-
=

If 33 — 2b + ¢ — 2d = 0 is true.

Rearranging it, we get

—33i+¢=2b+2d

Dividing this from the sum of its coefficient (that is, 4) on both sides,

33+¢ 2b+2d

4 4

Or 33+% _ 2b+2d
3+1 242

= There is a point say P, which divides the line AC in ratio 1:3 and BD in ratio 2:2 internally.
Thus, P is the point of interaction of AC and BD.
As, vectors parallel to the same plane, or lie on the same plane are called coplanar vectors.

Hence, A, B, C and D are coplanar.
Exercise 23.9
1. Question

Can a vector have direction angles 45°, 60°, 120°.
Answer
We know that, If I, m, n are the direction cosine of a vector and a, B, y are the direction angle, then -

| = cosa, m = cosf, n = cosy
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And, 24+ m2+nZ2=1.... (i)
Sl =cos45°, m = cos60°, n = cos120°

1

1
l=—m=-,n=—=
\.’E 2 2

Now, substituting I, m, n in equation (i), we get -

@ 6

2 2 2

(-

+

1+1+1 1
=>_ - —_ =
2 4 4
2+1+1
= =1
4
* 1
= — =
4
=21=1

= L.HS =R.H.S

. A vector can have direction angles 45°, 60°, 120°.

2. Question

Prove that 1, 1, and 1 cannot be direction cosines of a straight line.

Answer

Here,I =1, m=1,n=1

And, we know that -

Z+m2+ni=1

Taking LHS,

12+ m? 4+ n? = (1)% + (1)% + (1)?

=3

#1

= LHS=RHS

=1, 1, and 1 cannot be direction cosines of a straight line.

3. Question

A vector makes an angle of /4 with each of x - axis and y - axis. Find the angle made by it with the z - axis.

Answer
Given, a = E,B = E,y =y

| = cosa

T
= (05—
4

m = Cosd
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1
= m= —

\,‘E
And, n = cosy
Also,
R+m2+n2=1

2 2

() + () + oy =1
= | — —_— COS =
2 NG Y

=:-E+E+coszy= 1
2 2

=1+ cos?y =1

= cos?y =0

=cosy =0

=y = cos10

The angle made by the vector with the z - axis =§
4. Question
=6 units, find 1

A vector ; is inclined at equal acute angles to x - axis, y - axis, and z - axis. If|r

Answer

Here,a=B =y

= COSQ = CcosP = cosy
=|=m = n = p(say)
Now, we know that -

2+m2+n2=1

1, 1, 1
6(+—=i++—=j+ +—=Fk
V3 V3 V3
6
=+—(i+j+k
v3

Now, multiplying and dividing it by v3
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+ 6 x V3 (i+7+k
=T = xT——I1

\.@X\.@ J

=27 =*2V3(T+j+k)

5. Question

A vector ; is inclined to the x - axis at 45° and y - axis at 60°. If |r| =8 units, find I.

Answer
Here, a = 45°, = 60°,y = 0 (say)
| = cosa

= cos45°

1 =

-
~ils

m = cosa

= cos45°

m = -
2

n = coso
Now, substituting I, m,n in
Z+m2+n?=1,
13? 1y
(w"_i) - (E) + cos?B =1

1+1+ 2 =1
= -+ — + cos°8 =
2 4

= cos?B = 1—-
4

= cos?f = 1
4
1
= cosb = ii
1
= 11 = ii

AP=F|(1T+m]+nk)

8(1"+1"++1“)
AW AR
8 =. . .
=§(\|"§1+]ir{)

=7 =4(V21+]jxk)
6. Question

Find the direction cosines of the following vectors :
L 21+2j-k

ii. 61-2j-3k
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iii. 31 -4k

Answer
() 2i+2j-k
Here,

The direction ratios of the vector2 1+ 2j-kare2,2,-1

The direction cosines of the vector = — = =

I#1” 1F1 ¥l

2 2

-1

TV@ 22+ (CDPVRE 22+ (CDPV(R2 + 22+ (1)

2 2

9’\;!_5’ v

-
) K

W =

2
:3:

] B

.. The direction cosines of 1_ are given by 22

(i) 61—2j-3k

Here,

1
3

The direction ratios of the vector 61-2j-3kare6,-2,-3

; ; . 6 -2 -3
The direction cosines of the vector = R
I I I

6 -2

-3

- \3’(62 + (-2)2 + [:_3)2"f(62 + (-2)2 + [:_3)2"f(62 + (=2)2 + (=3)2

6 -2 3
T Va9'Va' Va9

6 —2 3
=777

<. The direction cosines of - are given by g, —§

(iii) 31 —4k

Here,

The direction ratios of the vector 31-4k are 3,0, -4

—4

Il

. . . 3 0
The direction cosines of the vector = T
I I

3 0

—4

V(B2 + 0% + (-7 V(32 + 02 + (—4)2' V(32 + 02 + (—4)2

30 4
25" 25
30 4
57§

~. The direction cosines of - are given by 3 0,—‘-f

7. Question
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Find the angles at which the following vectors are inclined to each of the coordinate axes :
Liojek

ii. j—k

li. 41 +8j+k

Answer

() i—j+k

Let, F=T-j+k

The direction ratios of the vectort=1,-1,1

And, [F| =V ((1)? + (- 1) + (1)?)

=V3

The direction cosines of the vector T = %l__—llfll
I I I

Yy = cosT —=

. . . 1 1
Thus, angles made by with the coordinate axes are given by cos‘lﬁ,cos‘l(——ﬁ),cos‘l—
J J

=

V3
(ii) j—k
Let, F=07+j-k
The direction ratios of the vectort=10, 1, -1
And, [F| =V ((0)2 + (1)%2 + (-1)?)
= V2

The direction cosines of the vector T = %ﬁﬁ
2R R

0 1 —

V2 V2’

So,

=

03]

A
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™
=3
1
n = cosy = 5
Y = cos 1(—i)
V2
™
y¥="n-3
3m
[y

an

Thus, angles made by with the coordinate axes are given bVEE,:

(ii)) 41 +8j+k
let, 7 =41 +8j+k
The direction ratios of the vectort =4, 8, 1

And, [t| =V ((4)2 + (8)2 + (1)2)

=+v81
=9
The direction cosines of the vectorT = %ﬁlél
I r I
4 —81 1
99 9
So,
1 4
= cosa = 3
o = cos™t
8
m = cosff = 3
8
— -1_
B = cos 3
1
n = cosy = —
v =9
— -1
Y Cos 3
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. . . 4 g8
Thus, angles made by with the coordinate axes are given by COS_lE’ cos_lg,cos_l

L=

8. Question

Show that the vector 1 _:i _1;- is equally inclined with the axes OX, OY and OZ.

Answer

letr=1+j+k

And, [t ]| =V ((1)2 + (1)2 + (1))
=V3

Therefore, The direction cosines of the vector T = 111

IF1° ¥l " I¥l

1 1 1
V3 V33

Now, let a, B and y be the angles formed by T with the positive directions of x, y and z axes.

Then,
We have,
g 1 1
coset = —,co5B = —,cosy = —
V3 3B

Hence, the given vector is equally inclined to axes OX, OY and OZ.

9. Question

Show that the direction cosines of a vector equally inclined to the axes OX, OY and OZ are\,-iﬁ’\,%’u_lﬁ
Answer
Let a vector be equally inclined to axes OX, QY, and OZ at angle .
Then, the direction cosines of the vector are | = cosa, m = cosa and n = cos «
And, we know that -
+m2+n2=1
cos2a + cos?a + cosZa = 1
3 cosa =1
= cosa = +i
73
Hence, the direction cosines of the vector which are equally inclined to the axes areié,i\%,i\%

10. Question

If a unit vector 5 makes an angle T with 12 with J and an acute angle 8 with k then find 6 and hence,
3 )

the components of g

Answer
Let unit vector T have (ry, rp, r3) components.
=7 = r17+ r2j + I’3T(

Since, T is a unit vector.
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=r[=1

Also, given that F makes angles = with .= with j and an acute angle 8 with k
9 3 4

Then, we have:

1 =
=:-E=12(-IT‘|—1)

Also, cosf = —

Now, [f | = 1
>V (rZ+r2+r?) =1

2

1y’ 1 i
:(—) +(—) + cos*B8 =1

2 V2

1+1+ 8 =1
= — + — + cos?H =

4 2

3 2
:EJFCOSB_l

= cosb = -

g _ T
=0 =

3

ry = cos—

1
)
0 = gand the components of * are - (5,%,5)

J

11. Question

Find a vector ; of magnitude 3\5 units which makes an angle of T and

Answer
Let I, m, n be the direction cosines of the vector T
| = cosaq,

m = cosf
T

= (05—
4
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L

vz

And, n = cosy
T

= cosi

=0

Also, 2+ m2+n?2=1

2

1
=>12+(—F) +0=1
V2
1 +:L
=] =+—

V2

AP=F|(1T+mi+nk)

(==

3”2(+ i+ L
= v T——1 —
2 2

-

(Given, [ | =3V 2)
=>T=+31T+ 3]
12. Question

A vector | is inclined at equal angles to the three axes. If the magnitude of | is 2\5_ find

Answer

Let I, m, n be the direction cosines of the vectorT
Vector T is inclined at equal angles to the three axes.
| = cosa, m = cos a, n = cosa

=>|=m=n.

Also, we know that -

P+m2+n2=1

cos?a + cos?a + cos?a = 1

2

3cosca=1
1
= cosa = +——
v3
Hence, the direction cosines of the vector which are equally inclined to the axes arei%,i%,i%
W W W

AP=F|(1T+m]+nk)

(Given, |t | =2V 3)
=>Ft=2271+2]+2k)
Very short answer

1. Question

Define “zero vector”.
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Answer

Zero vector is a vector which has magnitude is 0. It is denoted by 7.
2. Question

Define unit vector.

Answer

A unit vector is a vector whose magnitude is 1. It is denoted by capping the vector whose unit vector is
required. For instance, the unit vector of g will be 4.

3. Question

Define position vector of a point.

Answer

A position vector is a vector which tells the relative position of any point in space with respect to origin. This
vector starts from origin and its head lies on the point itself. If The X, y, z coordinates of the point is X3, y1,
23, the position vector will be equal to x,i+ y, i+ z,i.

4. Question

Write PT} +RP+ Q_R in the simplified form.

Answer

Any vector p_Q’ if the position vectors of point P () and Q (g) are known, can be written as g — p.

=+

Let the position vectors of points P, Q, R be p, 4, 7.

Then PG +QR + RP = (§— ) + (F = )+ (B —1)=0

5. Question

If 3 and b are two non-collinear vectors such that x7 + }.-E — (0, then write the values of x and y.

Answer

Since @ and } are non-colinear vectors, the only way the equality yg + “1’3 = p will hold is if x=y=0.
6. Question
If 3 and E represent two adjacent sides of a parallelogram, then write vectors representing its diagonals.

Answer

In the above figure, 45 — A'B' = @ AA' — BB’ = b AR’ = ¢ and

BA =d

Using parallelogram law of vector addition, we can say that
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d+b=c¢andg+d=b0ord=b-d

Also, —Z and — d are the diagonals of the parallelogram.

Hence the diagonal vectors of a parallelogram formed by vectors g and p will be +(d+ p) and i(ﬁ_ a)-
7. Question

If 5. 1_3 ¢ represent the sides of a triangle taken in order, then write the value of 3 + 1_3 L C.

Answer

Let AABC be the required triangle with 48 = Z B¢ = @ and ¢4 = b-

Any vector 4B, if the position vectors of point A (g) and B (5) are known, can be written as 5 — G-

Let the position vectors of points A, B, Cbe 4 B ..

»

Ly

Then G+ b+¢=BC+CA+AB=(C-B)+(A-C)+(F-4) =0

8. Question

If 3. b. ¢ are position vectors of the vertices A, B and C respectively, of a triangle ABC, write the value of
AB+BC+CA -

Answer

Any vector 4F, if the position vectors of point A (§) and B (j) are known, can be written as j — 3.

Since the position vectors of points A, B, Careg j & we get

AB+BC+CA=(b-ad)+(F-D)+(@-& =0

19. Question

If 3. b. ¢ are position vectors of the points A, B and C respectively, write the value of AR + BC + AC -
Answer

Any vector 4F, if the position vectors of point A (§) and B (j) are known, can be written as j — .

Since the position vectors of points A, B, Careg j & we get

AB+BC+CA=(b-ad)+(F-D)+(@-& =0
10. Question

If 3. b. ¢ are the position vectors of the vertices of a triangle, then write the position vector of its centroid.

Answer
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D{d)

In the figure, D is the mid-point of AB, so it divides AB in 1:1 ratio. CD is a median of AABC. G is the centroid
of the triangle and by the property of triangle, G divides CD in 2:1 ratio.

The position vector of point D can be calculated using the section formula for vector, which states that the
position vector of a point(g) dividing two position vectors(z gnd b) in ration m:n, internally is

7 =
mb + na

m+n

5
=

So, g — brd _ ab

T 141 2

Similarly, using section formula for G between points C and D, we get

. i+b . L
. 2d+¢ 2X——+C d+b+c
9=551° 3 E

11. Question
If G denotes the centroid of A ABC, then write the value of GA + GB + GC.

Answer

a+h+c

Let the position vector points A, B, C be g, p and . Then the position vector of G will be
3

Any vector 4B, if the position vectors of point A (g) and B (5) are known, can be written as 5 — G-

Then, GA + GB + GC = (&,’— E+§+°—) + (5 — Ef”_) + (E’— E+§+E)

) =3

Ty,

—d+b+é—(d+b+
12. Question

If 3 and b denote the position vectors of points A and B respectively and C is a point on AB such that 3AC =
2AB, then write the position vector of C.

Answer

Given that the position vector points A, Bareg p .

Let us assume that C lies between A and B.
Then AB=AC+BC

Given that 3AC=2AB=2(AC+BC)

= AC=2BC

Therefore AC: BC=1:2
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Also, since the ratio is positive, our assumption was correct.

1><5+2><E_ b+2d
1+2 3

Using section formula, 7 =
13. Question
If D is the mid-point of side BC of a triangle ABC such that AB + AC = 7. AD. Write the value of A.

Answer

Let the position vectors of A, B and C be &’3 and ¢

Then the position vector of j will be bic
2

Any vector 4R, if the position vectors of point A (7) and B (p) are known, can be written as j — 3.
Then, 4B + AC = JAD
=(b-ad)+(F-ad)=d-d)

Substituting value of g, we get
.. L [b+E b+é—2d
+cf—2d=4 > —d =1 —

:’21=1or)\=2

=t

14. Question
If D, E, F are the mid-points of the sides BC, CA and AB respectively of a triangle ABC, write the value of
AD +BE + CF.

Answer

Let the position vectors of A, B and C beg p and ¢

b+é

, 2*€ and 2*2 respectively.

Then the position vector of g and 7 will be :
2 2

Any vector 4B, if the position vectors of point A (g) and B (5) are known, can be written as 5 — G-

Then, 4D + BE+CF = (d—d) +(é—b) +(f - ©)

15. Question

If § is non-zero vector of modulus a and m is a non-zero scalar such that m 3 is a unit vector, write the
value of m.

Answer

The modulus of { is a, therefore g can be written as modulusxunit-direction=g x g
Given that mg has the magnitude of 1, therefore ma x 4 has magnitude of 1 or ma=1.Hencem = :

i

16. Question

If 3. 1_3 ¢ are the position vectors of the vertices of an equilateral triangle whose orthocentre is at the origin,
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then write the valueof 3 + H +¢.

Answer

Since in an equilateral triangle, orthocenter and centroid coincide, therefore the position vector of centroid is
0.

a+h+c

Also, the position vector of centroid G (g) can be defined as
3

Therefore, &*b+¢

—pOhenceg+h+¢=0

17. Question

Write a unit vector making equal acute angles with a coordinates axes.

Answer

Let the angle made be a. We know that the sum of squares of direction cosines of a vector is 1. SO, we get

cos?a+cos2a+cos2a=1

, 1 1
coS 0 =—=cosa = +—
3 v

3]

. . 1
Since, a is acute therefore cosa = =
N

Any vector, if it’'s magnitude and direction cosines are given can be written as m(cosai + cosfj + Cogy_iﬁ)

So the required vector is 1(%3 + i,j‘ +—
V3 v 3 V3

Rationalizing, we get "; (i+j+k)

18. Question

If a vector makes angles o, B, y with OX, OY and OZ respectively, then write the value of sina + sin?f +
)
sin“y.

Answer

The sum of squares of direction cosines of a vector is 1.
Let the angles made by vector be «, B, y. Then, we get
cos2a+cos2B+cos?y=1

using cos26=1-sin20, we get

(1-sin2a) +(1-sin2B) +(1-sin%y) =1

Or, sinZa+sin?p+sin2y=2

19. Question

Write a vector of magnitude 12 units which makes 45° angle with X-axis, 60° angle with y-axis and an obtuse
angle with Z-axis.

Answer

Let the angles made by vector be a, B, y and the magnitude be m.
Given that a=45°, B=60° and m= 12. We have to figure out the vector.
Since cos?a+cos2B+cos?y=1, we get

€0s245°+c0s260°+cos2y=1
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1 1
=3 4+cos Y =1= cos? Y_Z ot COSY = +£

Since y is obtuse, cosy = —;.

Any vector, if it’'s magnitude and direction cosines are given can be written as m(cosai + cosfj + Cogy_iﬁ)

~

So the required vector is :LzljiE j—zk)

er—-
er-

Rationalizing, we get g./2f + 6§ — 6k

20. Question

Write the length (magnitude) of a vector whose projections on the coordinate axes are 12, 3 and 4 units.
Answer

Since Ly=12, L,=3 and L,=4 are given, we can find out L by

L2= L 2+L,%+L,2

=122+32+42

=144+9+16=169

Hence L=13 units.

21. Question

Write the position vector of a point dividing the line segment Jomlng pomts A and B with position vectors
a and b externally in the ratio 1 : 4, where 3 = "-1 + %J + 41\ and b = —j —J L

Answer

If a point R(#) divides the vector joining point P(ﬁ) and Q(q’) externally in the ratio m:n, then

= =
2 mp — ng
m-n

-~

Here, j = d = 2i+3j+ 4k §=Db = —i+ j+ k m=1and n=4

Then 7 = 1(2“3}*“?;4(‘”5*53 - % = g(—t’fi +7)

22. Question

Write the direction cosines of the vector 7 = .51T — ::i + 3L

Answer

The direction cosines of a vector g = a,i+a,j+ agfﬁ are

y ay
cosa = —— - z,cosﬁ == - = and
s

cosy =

Ja 2+ a2+ a;?

In this question, a;=6, a;=-2 and a3=3, Substituting in formulas we get

6 6 5 -2 -2 d 3 3
costt =——==-,008=——==—-andcosy = —=
Vas 7 Va9 7 V=V 7

23. Question
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fa=1+ _]E = J +kand € =k + 1. write unit vectors parallel to a+b—2¢.
Answer

Giventhat g =i+j,b=j+kandé =1+ k we get

d+b—20=i+j+j+k—2x(i+k)=—i+2j—k
. . ) R - . . d a
The unit vector of any vector g = a i+ a,j+azk can be written as @ = A~ Jaraiiar

Letd=gd+b—2¢

4 —i+2j-k Jé . . o

Both 4 and — d will be parallel to 4, therefore the answer is i%‘i X (2f —1— ,I'E)

24. Question

If 3 = 1 1 gj B ::i 1 QL write a unit vector along the vector 33 — ZB.
Answer

Given that ¢ = { + 2j,b = j + 2k, we get

3d—2b =3 x (i+2)) —2 x (j+2k) = 3i + 4j — 4k

~ ~ a a
The unit vector of any vector 7 = g.] 7 n written === —
eu ector of any vector § = q,i+ a,j+ ask ca be en as @~ Jeratiar

Let ¢ =34 —2b

3i+aj—4k A1
V34T (402 41

Then, d = X (31 + 4j — 4k)

The unit vector in direction of j is 4

25. Question

Write the position vector of a point dividing the line segment joining points having position vectors
i+ j—2k and 2i —j+ 3k externally in the ratio 2 : 3.

Answer

. If a point R(#) divides the vector joining point P(5) and Q(§) externally in the ratio m:n, then

= =
., mp—ng

m-—n
Here, 5 = i+ j — 2k, § = 2i— j + 3k, m=2 and n=3

Then 7 — 2(i+j-2k)-3(2i-j+3k) _ C4i5j-13k

=4i—5j+ 13k
2-3 -1

26. Question

If3—1+ _]E :i_ k.¢ =k +1i. fine the unit vector in the direction of 5 . { + .

Answer
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a

The unit vector of any vector g = a,i+ a,j+ ‘ISE can be written as @ =

a|

letd=g+b+¢
Then, d = 228 _ Sy (i4j+k)
V22422422 3

27. Question

If§=31—j—4k.b=2i+4j—3k and =i+2j—k. find

3@ -2b+ 46‘.
Answer

Given that ¢ = 37 — j — 4k,b = 2{ + 4] — 3k and ¢ = i + 2j — k, we get

3d—

a

—_—
Ve t+as+ag®

The magnitude of any vector g = a,i+ a,j+ ‘ISE can be written as |ﬁ:’| = falz +a,2+ a,?

3@ — b + 48| = /112 + 12 + (—13)% = /291

28. Question

A unit vector ¥ makes angles T and T with J and L respectively and a acute angle 6 with 1 Find ©.
3 2 '

- -

Answer
The sum of squares of direction cosines of a vector is 1.

Let the angles made by vector be «a, B, 6. Then, we get
cos?a+cos2B+cos28=1
Given thata = % and f = E we have to calculate 6

2}'[ 2H 2
cos §+cos §+cos =1

3 T . .
= cos’6 = 2= cosgg (Since 6 is acute)

T

Hence, 8 = —
6
29. Question
Write a unit vector in the direction of 7 = 3j — g:i + 6k
Answer

a

The unit vector of any vector g = a,i+ a,j+ aa_fﬁ can be written as @ =

al
Given that @ = 37 — 2j + 6k

3i-2j+6k

We get a = —v'm =

~ (31— 2j + 6k)

30. Question

If 3 = 1 1 23_31:; and E = :i 1 4:i_ QL find a unit vector parallel to 3 —E.
Answer
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Given that ¢ = { + 2j — 3k and b = 21 + 4j + 9k, we get

A+Db=1+2j—3k+2i+4j+9k =31+ 6] + 6k

~ ~ a a
The unit vector of any vector 7 = g.] 7 n written === —
eu ector of any vector § = a,i+ a,j+ ask ca be en as @~ Jeratiar

letd=q+b

3i+6j+ek 1

Then, d = S X (i +2] +2k)

V3Z+62462 B
Both 4 and — d will be parallel to 4, therefore the answer is ig x (14 2f + 2k)
31. Question

Write a unit vector in the direction of } = ji _:i_ :L

Answer
- - a a
The unit vector of any vector g = g.] i n written 0= =5=——
eu ector of any vector @ = a,i+ a,j+ azk ca be en as A~ Jartrastiar

Given that = 2 + j + 2k

We get b = =225 _ L9745+ 2k)

V22412422 3
32. Question

Find the position vector of the mid-point of the line segment AB, where A is the point (3, 4, -2) and B is the
point (1, 2, 4).

Answer

If the co-ordinates of a point A= (xq, y1, 1), then the position vector of A(g) is

d=x,0+y,j+zk

Given that A=(3,4,2) and B=(1,2,4), we get position vector of A(7) and B(p). Let the midpoint be C(7)
d@=3i+4j+2kand b =1+ 2j + 4k

The position vector of midpoint of two vectors is defined by #*?
2

.
c

|
|
]
—
-+
<
-+
[95]
o

33. Question
Find a vector in the direction of 3 = j{ _:i + 21\ which has magnitude of 6 units.

Answer

Given that @ = 2i —j + 2k

. N . . - . s~ & a
The unit vector of any vector g = a i+ a,j+ azk can be written as @ = a —v'm
~ 21— j+ 2k 1 .
a= =§[:2L—j+2k)

J22+ (12 + 22
Let the required vector be 4.

Any vector (p) with magnitude m and unit vector g can be written as j = m x d.
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Since the magnitude of 4 is 6 and it’s unit vector is @, we get

3 1 ~ -~
d=6x§{21‘—j‘+2k}=41‘—2j‘+ 4k

34. Question
What is the cosine of the angle which the vector .\/51 + J + L makes with y-axis?

Answer
The angle that a vector g = a,i+a,j+ aa_fﬁ makes with y-axis is

s

cosfi =

Ja 2+ a2 +as?
In this question, a;=,/2, a=1 and a3=1, Substituting in formulas we get

1 1
cosf = 7 =3
35. Question
Write two different vectors having same magnitude.
Answer
i and j both have magnitude 1 but different directions. { is along x-axis and j is along y-axis.
36. Question
Write two different vectors having same direction.
Answer
i and 2i both have the same direction but different magnitudes, 1 and 2.

37. Question

Write a vector in the direction of vector #.1 _:i + 21;- which has magnitude of 8 unit.

Answer

Given that @ = 5i —j + 2k

~ ~ a a
The unit vector of any vector 7 = g.] 7 n written === —
eu ector of any vector § = a,i+ a,j+ ask ca be en as @~ Jeratiar

5i—j+ 2k V30
Je2+(—12+22 30

a:

Let the required vector be 4.
Any vector (p) with magnitude m and unit vector g can be written as j = m x d.

Since the magnitude of J is 8 and it’s unit vector is g, we get

- V30, -~ 430 -~
d=8x¥(5z—;+2k)= o (si—j+2k)

38. Question

Write the direction cosines of the vector 1 1 j:i 1 3,L

Answer
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The direction cosines of a vector 7 = a,i+a,j+ ag,fz are

iy ay
cosa = — = 2,t:crsﬁ =— = = and
y

cosy =
Ja.2 + a2+ aj?

In this question, a;=1, a»=2 and a3=3, Substituting in formulas we get

1 V14 3 2 2414 i 3 3V14
COSA =——=—,008pf = ——= ana cosy = —=
V14 14 V14 14 V14 14

39. Question
Find a unit vector in the direction of 7 — 2} _3:]' L6k

Answer

Given that @ = 2i — 3j + 6k

~ ~ a a
The unit vector of any vector 7 = g.] 7 n written === —
eu ector of any vector § = a,i+ a,j+ ask ca be en as @~ Jeratiar

. 21 — 37 + 6k 1 .
= =—(2i— 3]+ 6k)
J22+(=3)2+62 7

40. Question
For what value of ‘a’ the vectors 2{ — 3:i 1 4L and ai _5:i _31:; are collinear?
Answer

5 - . i - . . ~ ; i P R S
Two vectors @ = a,i+ a,j+ ask and p = b,i+ b,j+ bk are collinear , if and only if, b, b, by
Here @ = 2i — 3j + 4k and b = ai + 6 — 8k

2 4
Hence, - = —=—
a 6 -8

Solving this equality, we get
a=-4

41. Question

Write the direction cosines of the vectors _ji _:i - RL

Answer

The direction cosines of a vector @ = a,i+ a,j + a;k are

iy ay
cosa = — = 2,t:crsﬁ =— = = and
y

cosy =

Ja.2 + a2+ aj?

In this question, a;=-2, a,=1 and a3=-5, Substituting in formulas we get

-2 —\.’ﬁ 8 1 \.’ﬁ d -5 —m‘%
oS =—=—"",C08 =-——=——d{na co ==
V30 15 V30 30 V=30 6

42. Question
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Find the sum of the following vectors: 3 = 1 - 2_]5 = :i _3j_5 = ji' + 3L
Answer

d=i—2j,b=2{—3jand ¢ = 2i + 3k

Il
o
—

|
o
o
+
Ll
Bt

Then G+ b +&=1i—2j+2i—3j+2i+ 3k
43. Question

Find a unit vector in the direction of the vector 7 = 3 — g:i L6k

Answer

Given that @ = 37 — 2j + 6k

. . . . - : P
The unit vector of any vector g = a,i+ a,j+ azk can be written as @ = @~ Jadrarrar

31 — 2j + 6k T .
==(3i— 2]+ 6k)
J3T+(-2)2+62 7

a:

44. Question

If 3 = Xl 1 g:i _21:; and E = 31T _}’:i 1 L are two equal vectors, then write the value of x + y + z.
Answer

Two vectors @ = a,i+ a,j+ aa_fﬁ and j — byi+ b,j+ bgﬁ are equal , if and only if, a;=bq, a;=Db>, az=bs
Here ¢ — xi +2j —zk and § = 35— yj + k

Hence, we get x=3, -y=2=y=-2 and -z=1= z=-1

45. Question

Write a unit vector in the direction of the sum of the vectors 3 = ji + j:i - ‘il\ and E = ji _:i - "L

Answer

2y
I
]
5
+
&
|
o
W
Q
5
o
=l
I
%]
L)
+
e
|
s |
=

Let d = 47 + 3 — 12k

~ ~ a a
The unit vector of any vector 7 = g.] 7 n written === —
eu ector of any vector § = a,i+ a,j+ ask ca be en as @~ Jeratiar

4i+3j-12k 1. s aaf

Hence, d =
46. Question
Find the value of ‘p’ for which the vectors 3{ 1 g:i 1 91:; and 1 — gp:]'_ 3£; are parallel.
Answer
a; _ag

. - . o~ - n n . . . ﬂ____
Two vectors @ = a,i+ a,j+ azk and p = p,i+ b,j+ b,k are parallel, if and only if, bi = By
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Solving this equality, we get

1
P=73
47. Question

Find a vector 3 of magnitude 5\5_ making an angle of m/4 with x-axis m/2 with y-axis and an acute angle 6
with z-axis.

Answer

Let the angles made by vector be a, B, 6 and the magnitude be m.

Given thata = E,ﬁ = % and m = 5v2. We have to figure out the vector.

Since cos2a+cos?B+cos26=1, we get

2}'[ 2H 2
cos g+cos §+cos =1

1
V2

1 2 2 1 -
=:-E+cos 8=1=cos Ei=§ or cosd =+
Since 6 is acute, cos8 = %

Any vector, if it’'s magnitude and direction cosines are given can be written as m(cosai + cosfj + Coga;’z)
So, the required vector is 52 (T%E+T%E) = 51+ 5k

48. Question

Write a unit vector in the direction of }T} where P and Q are the points (1, 3, 0) and (4, 5, 6) respectively.
Answer

If the co-ordinates of points A= (x;, y1, z;) and B= (x5, Y5, Z3), then the vector 4E is

4B = (x— x)i+ (0 — y)j + (2 — 2k

Given that P=(1,3,0) and Q=(4,5,6), we get

PQ = 3i+2j + 6k

. . . . - : P
The unit vector of any vector g = a i+ a,j+ azk can be written as @ = A~ Jaraiiar
— si+zj+ek 1 ... - £
y3Z422462 7

49. Question

Find a vector in the direction of vector j{ — 3:1' + 61;' which has magnitude 21 units.

Answer

Given that ¢ = 27 — 3j + 6k

. - . . - : Fo@___ @
The unit vector of any vector g = a i+ a,j+ azk can be written as @ = A~ Jeiraiiar

~ 21 — 3j + 6k T .
a= ==(2i— 3]+ 6k)
J22+(-3)2+62 7

Let the required vector be 4.
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Any vector (p) with magnitude m and unit vector g can be written as j = m x d.

Since the magnitude of 4 is 21 and it's unit vector is g, we get

=+ 1 =~ ™
d =21 x (20— 3j + 6k) = 6 — 9] + 18k

50. Question

If |d|=4 and -3 = A =< 2, then write the range of | A3

Answer
Given that |d| = 4 and -3=<A=<2
We have to figure out range of |1d]|

In calculating the modulus of a vector multiplied by a scalar quantity, the sign of the scalar quantity does not
matter, only it’s absolute value does.

Hence the minimum value of |Ad| = 0 when A=0 and maximum value of |Ad@| = 12 when A=-3.
51. Question

In a triangle OAC, if B is the mid-point of side AC and QA =3. OB =b. then whatis o ?
Answer
Given that the position vectors of point A and B are d and j. Let the position vector of point C be .

The position vector of B will be defined as

7 a+c
)
=>F¢=2b—d

52. Question

Write the position vector of the point which divides the join of points with position vectors 33 _ :E and

23 + 3D in the ratio 2:1.

Answer

If a point R(¥) divides the vector joining point P(3) and Q(g) externally in the ratio m:n, then

= =
., mp—ng

m-—n
Here, 5 = 3@ — 2B, § = 2d + 3b» M=2 and n=1
2(3d@-2b)—(2d+3b) _
2-1 o

We get, f = 4d@ —7b

MCQ
1. Question
Mark the correct alternative in each of the following:

If ina A ABC, A= (0, 0), B = (3, 3, V3), C= (-3, V3, 3), then the vector of magnitude./5 units directed along
AO, where O is the circumcentre of A ABC is

A (1] (18]
B. (1)1 <[1-48)]
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C. (1=} =(\B -1]]

D. none of these

Answer
A B
Slope of a line joining two points = 2%
Ay —Xy
Slope of AC= =2
0+3+/3
-3
B 33
1
-5

Slope of AB _ 2=3V2
0—-3

—3\.@
- -3

Product of Slopes (AC x AB) = (: L \,@)

v 3

-1
As the Product of Slopes (AC x AB) = -1, so AC[] AB, ie.., , CAB = 90°.

Circumcentre (O) of Triangle ABC = Mid-Point of BC

Mid-Point of BC = .E—ﬁ, 34343
2 2

e 3—+3 o): 3+3V3 = 3—V3\. [(3+3V3\.
= 5T i+ TJ = 5 i+ B —
Now, |I=+ 3—-,."52 3+3\,"§2
oA = |(57) +(339)

J(9+27—18J§+ 9+ 27 +18V3)

]

[04] = 7
(07| = VT8

[04| = 3v2

Unit Vector 04 = %
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1 [{3—+3 . 3+3V3\ .
= i
3v2{\ 2 2 )

Vector along g4, whose magnitude is 24/2 x [L ((3_”@) i+ (EH"@)j)]
2

342 2

2 3
=§XE((1— \I@}E“r (l“r\.@}ﬁ)

= ((l — v@}f—i— (l + v@}f)
Option (A) is the answer.

2. Question

Mark the correct alternative in each of the following:

If 3, bare the vectors forming consecutive sides of a regular hexagon ABCDEF, then the vector representing

side CD is

A 3+b

i

B.

b

[¥1]]
I

AD = AB +BC + CD - (i)

As, AD = 2BC {Properties of a regular hexagon, also AD || BC (Parallel)}
AD = 2BCPutting 4D = 2EB¢ in equation (i),

2BC=AB+BC+CD

BC=4B+CD

—b—-d
~CD=b—d
Option(C)is the answer.
3. Question

Mark the correct alternative in each of the following:

Forces 304, soBact along OA and OB. If their resultant passes through C on AB, then
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A. Cis a mid-point of AB

B. C divides AB in theratio 2 : 1

C.3AC=5CB
D.2AC=3CB
Answer

8]

508

Draw ON perpendicular to the line AB.

Let ; be the unit vector along ON,

The resultant force § = 304 + 508 - (i)

The angles between j and the forces g, 304, 505 are ~CON, AON & ,BON respectively,
R.i=304.1+ 50B.1

R.

1.Cos2£CON = 304.1.Cos£AON +50B. 1. Cos2BON

RON 304 C'N+5(JBON
oc * 04 OB
R

—=(3+5

oC ( )

R 8

oc

= 857

~ 0A = 0C + CA (i)

Multiplying the equation (i) by 3,

304 = 30C +3CA — (ii)
Also, 0B = OC + CB (iv)

Multiplying the equation (iv) by 5,

50B = 50C + 5CB ~ (v)

Adding equation (iv) & (v) respectively,
304 + 508 = 30C + 3CA + 50C + 5CB

R =80C + 3CA+5CB

80C = 80C + 3CA +5CB

|3c4| = [scB
- 3AC = 5CB

Option(C)is the answer.
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4. Question
Mark the correct alternative in each of the following:

If 5, b, care three non-zero vectors, no two of which are collinear and the vector 3 -k is collinear with ¢, b+ zis
collinear with 3, then a-b -+ ¢

A. 3

B. kb

C.t

D. none of these
Answer

As g 4 p is collinear with ¢,

Adding ¢ both sides of the equation (i),

d+b+é=2E+¢

G+b+é=EA+1) (iii)

Adding g both sides of the equation (iii),

A+b+C=pd+d

A+b+é=d(u+1) (iv)

Equating the RHS of equation (iii)& (iv), being their LHS equal,
CA+1) =d(u+1)

As, a is not collinear with c,

2 Ad+1l=u+1=0

i+ b+¢ =0 {From equation (iv)}

~Gd+b+E=0

Option (D)is the answer.

5. Question

Mark the correct alternative in each of the following:

If A{607 =3j],B[40i -8} and C|ai-32])points are collinear, then a is equal to
40

-40

20

o0 ® p

. =20
Answer

A (607 + 3j), B (40i — 8j) & C (ai — 52j) are collinear,
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Then 48 = ABC

AB = (40i — 8j) — (601 + 3§)

AB = 40 — 8j — 601 — 3j
AB = —20i — 11f

BC = (ai — 52f) — (40 — 8f)
BC = ai — 52j — 40i + 8j

BC = (a —40){ — 44j

- AB = ABC

—201 — 11j = A{(a — 40)i — 44j}

—201 — 11j = A(a — 40)1 — A44j

Comparing the LHS & RHS of the above mentioned equation,
~—20=A(a—40) & — 4441 = —11

—11

';I'_——n!l.él.

A=y

1
—20==(a—40
4&1 )

-80 =a-40

a=40-80

a=-40

~a=-40

Option (B) is the answer.
6. Question

Mark the correct alternative in each of the following:

If G is the intersection of diagonals of a parallelogram ABCD and O is any point, thenga s 0B +oCc+0D =

A.20G
B.40G
C. 50G
D.20G

Answer
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Let us consider the point O as origin.

G is the mid - point of AC.

L 04 +0¢C
206 =—
206G = OA + OC (i)

Also, G is the mid— point of BD,

o OB + 0D
B 2
206G = OB + 0D — (ii)

Adding eq. (i) & eq. (ii),

20G + 20G = 04 + OC + OB + 0D

40G = 04+ 0OC + 0B + 0D

» OA+ OC+ OB + 0D = 40G

Option (B) is the answer

7. Question

Mark the correct alternative in each of the following:
The vector cosw cos i+ cosesinB] +sinek IS a
A. null vector

B. unit vector

C. constant vector

D. none of these

Answer

CosaCosBi+ CosaSinBj + Sinak

|CosaCosBE + CosaSinfj + Sinaﬂ

= JCoszaCoszﬁ + Cosa*Sin*g + Sina

= /Cos2a(Cos2f + Sin2B) + Sina

=./Cos2a(1) + SinZa

(o2 & CimZer
=,/Cos?a+ Sin‘a

=41

=1

Hence, the given vector is a unit vector.
Option (B) is the answer

8. Question

Mark the correct alternative in each of the following:

In a regular hexagon ABCDEF, 28 =3 EBC=b andCD =z Then, ae-
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C.b+t

D.3+25+22

Answer

AD + DE = AE
d4+Db+7f—d=AE {~ DE = —AB}

~AE =b+¢

Option (C) is the answer

9. Question

Mark the correct alternative in each of the following:

The vector equation of the plane passing through 3,b, ¢is 7 = «3+(b + +¢ provided that
Aa+B+y=0

Ba+B+y=1

Ca+B=y

D.a2+pB2+y2=1

Answer

As a plane passing through g ,5’ c

Lines 7 — p and # — { lie on the plane.

The parametric equation of the plane can be expressed as,
F=d+1,(@—D)+1,(F-a)

F=a(1+ A, —A,)— A,b+ 1,6

AS, 7 = qd + Bb + yé

~a+f+y

=14+4, -4, -4+ 4,

~atf+y=1
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Option (B) is the answer.

10. Question

Mark the correct alternative in each of the following:

If O and O’ are circumcentre and orthocentre of A ABC, then oA + oE - oC equals
A. 200

B. oo

C.owo

D.20'0

Answer

Let the vertices of the triangle ABC be A (3), B (3) & C (&), with respect to the origin.
O (x,y) is the circumcentre & O’ (0,0) is the orthocenter.

a+b+¢

0=

W | =

As the centroid ‘G’ divides the orthocentre ‘C’ (x,y) and circumcentre (0,0) in the ratio 2 : 1.

By using Section Formula,

d+b+¢
3

2(0) + 00’
N 3

—

04 + 0B +0C =306
+30G = 00
~0A+0B+0C =00
Option (B)is the answer.

11. Question

Mark the correct alternative in each of the following:

f 3, b, ¢ and dare the position vectors of points A, B, C, D such that no three of them are collinear and
b+d then ABCD is a

g
3+b+E-=
A. rhombus
B. rectangle
C. square

D. parallelogram
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d+&=D0+d (Given)

Multiplying the agbove mentioned equation by ;

So, the position vector of mid - point of BD = Position Vector of mid - point of AC.

Hence the diagonals bisect each other.

Therefore the given figure ABCD is a parallelogram.
Option (D) is the answer

12. Question

Mark the correct alternative in each of the following:

Let G be the centroid of A ABC. If &E + 3, oC = b, then the bisector A, in terms of 3 andbis

Let A be the origin, then 35 — § 4¢ = . implies that the position vectors of B and C are}; & ¢ respectively.

Let AD be the median and G be the centroid.

Then,

Position Vector of j — &P
2

Position Vector of 7 — arb
3
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2 .
~AG ==(d+ D)
3
2, .
4G = (d+D)

Option (A) is the answer.

13. Question

Mark the correct alternative in each of the following:

If ABCDEF is a regular hexagon, then &b + EE + FC equals.
A. 2B

B.7

C.3AB

D.4AB

Answer

A B

AD + EE = 2BC + 2FA
AD + EB = 2(BC + FA)
AD + EB = 2(40 + FA)
As, BC = 40

In triangle AOF,
FA+40 +F0 =0

» FA+A40 = —FO

~ AD + EB = —2F0
And, 2B = —FO

- AD +EB = 24F

» AD + EB + FC = 24B + 24B
= AD +EB +FC = 4AB
= 448

Option (D) is the answer

14. Question
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Mark the correct alternative in each of the following:

The position vectors of the points A, B, C are 2i + j-k, 3i —27+k and i+ 4] - sk respectively. These points
A. form an isosceles triangle

B. form a right triangle

C. are collinear

D. form a scalene triangle

Answer

I
-
+

K
|
[#%)
;t-l
|
[#%)
—
+
2
|

=l

—2f+6f — 4k

2 & &
I

-~ -~

=(2i+j—k)—(i+4f—3k)

-~ -~

CA=2i+j—k—1—4j+3k

CA=i-3j+2k

4B = /(12 + (=3)2 + (2)2
AB=\V1+9+4

AB =14

CA=(D7+ (-3)2+(2)?

CA=Jy1+9+4

CA=V12

BC = [(-2)2 + (6)2 + (—4)?
BC=V4+36+16

BC = V56

- [4B| = cA]

Hence the triangle is isosceles with two sides equal.
Option (A) is the answer

15. Question

Mark the correct alternative in each of the following:

If three points A, B and C have position vectors i+ xj+3k, 31 +4j+ 7k and yi - 2j - sk respectively are collinear, then
(x,y) =

A. (2,-3)

Get More Learning Materials Here : & m @\ www.studentbro.in



B. (-2, 3)

C. (-2, -3)

D. (2, 3)

Answer

i+ xj+ 3k, 30+ 4j + 7k & yi — 2j — 5k

AB =3i+4j + 7k — (i + xj + 3k)

al
I

yi —2j — 5k —3i — 4j — 7k
BC = (y—3)i—6j— 12k

.- the given vectors are collinear.

_— —

~ AB = ABC
20+ (4 —x)j+ 4k = A(y — 3)i—61j — 12k
After comparing the equations,

AMy—3)=24—x=—-61&—-121=4

a-— 1
—-12 3
(—%) (v=3)=2

y-3=-6

y=-6+3

y=-

4—1=—6(—1)
3

4-x=2

X=4-2

X =2

(x,y) =(2,-3)

Option (A) is the answer.
16. Question
Mark the correct alternative in each of the following:

ABCD is a parallelogram with AC and BD as diagonal

A. 1 2B
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D. 8

Answer

-- ABCD is a parallelogram with diagonals AC and BD.
AC =4 +BC &

AD = AB + BD~ BD = AD — 4B

= AC — BD

= AB + BC — (AD — 4B) {~ 4D = BC}

—AB +BC—AD + AB

= 24F

Option (C) is the answer.

17. Question

Mark the correct alternative in each of the following:

If OACB is a parallelogram with o~ _zand g _§, then g _

A. (=D

OB +BC = OC
OB = 0C — BC

OB =d— 04— (i)
OA + AB = OB
J0A=d—b
2
0A=2(-7
—z(a )

Option (D) is the answer.
18. Question
Mark the correct alternative in each of the following:

If 3 andbare two collinear vectors, then which of the following are incorrect?

A. b =i 3afor some scalar A
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B.3=zb
C. the respective components of 3 andb are proportional
D. both the vectors 3 andb have the same direction but different magnitudes

Answer

If 4 & 3 are collinear vectors, then they are parallel,
Then, p — ad

For some scalar }

If A = +1, then,

d=+b

@ =ai+a,j+ask &b=>bi+b,j+byk

= Ad

=t

-~

bi + byj+ bok = Ayl + a,f + ask)

b+ byj+ byk = Aa, i+ da,f+ Aask

s~ by = Aay
=~ by = Aa,
~ by = Adag
Db _bs

a—=—=—=1
@; 4; a4z

Thus, respective components of g j are proportional.

However the vectors ;g p can have different directions.

Statement given in D is incorrect.

Option (D) is the answer.

19. Question

Mark the correct alternative in each of the following:

If figure which of the following is not true?
jc

A B

A pB+BC +CA=0

B. AB+BC -AC=0

C.ap+BC-cA=0

D. ag_cB +cA=0

Answer

+ 4B +BC = AC
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Subtracting ¢4, from both the sides of the above mentioned equation,
4B +BC—CA— AC - CA

Solving RHS,

= -CA-TA

= —2CA

-LHS = RHS

Hence, it is not true.

AB +BC—CA

Option (C) is the answer.
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